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lating and demodulating transpositional modulated (TM)
signals. One aspect features a method of modulating a
carrier signal that includes the operations of generating a
non-transpositional modulation (non-TM) signal from a first
data signal, where the non-TM signal has a frequency
spectrum that occupies a bandwidth. Generating a TM signal
by generating a modulation from a second data signal, and
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signal which lies within the bandwidth of the non-TM
signal, and where the power of the first modulated signal is
less than a power of the non-TM signal. Combining the
non-TM signal with the TM signal on a common carrier
signal to provide a combined signal. Transmitting the com-
bined signal.
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900 1

Generate a transpositional modulation (TM) signal

902

r-r-r—-——-—"—"—"=""""=""="="—"=-"—"="="—"=—"=—== 1
I I
| Generate a sinusoidal signal |
| 02a |
r-r--n-——-——-=-—"""""-""""=-—"=-—=-—=-—=-=-= 1
: Modulate a phase of the sinusoidal signal based on a |

data signal |
| TEWE A,

Apply the TM signal to a carrier signal
04

Modulate the TM modulated carrier signal with a non-TM
signal 906

|

Transmit the combined signal

908

FIG. 9
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10001‘
Receive a combined signal including a carrier signal
modulated with a transpositional modulation (TM) signal
and a non-TM signal 1002

v

Determine average values of the combined signal over
respective symbol frames of the non-TM signal

Demodulate the non-TM signal based on the average
values

v

Remove the non-TM signal from the combined signal

1008

Demodulate the TM signal

1006

—_
—_
o

FIG. 10
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13001

Generate a non-TM signal from a first data signal

1302
Generate upper [lower] TM signals
1304
r-r-r—-——-—"—"—"=""""=""="="—"=-"—"="="—"=—"=—== 1
| Generate a complex modulation signal form a second |
: [or third] data sigan! 13044 :

I Shift the complex modulation signal to an upper [or |
| lower] sideband in a frequency spectrum of the non- |

| ™ signal 1304b :

Comine the non-TM signal, the upper TM signal, and the lower
TM signal into a combined signal 1306

l

Transmit the combined signal

1308

FIG. 13
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15001

Receive a combined signal including a non-TM signal, an
upper TM signal, and a lower TM signal, on a common carrier
signal 1502

v

Separate the non-TM signal, the upper TM signal, and the
lower TM signal

1504
Demodulate the non-TM signal
1506
For each of the upper and lower TM signals:
r-r-r—-——-—"—"—"=""""=""="="—"=-"—"="="—"=—"=—== 1
I
| Shift the upper [lower] TM signal to baseband :
| 1508 |
r-r-r-——-—"~—""~—"T——"=——"="—"7=—"/"—"7=—=—=— 1
| Form a vector of multiple symbol frames of the upper |
: [lower] TM signal 1510 |

| Determine a value of a symbol of the upper [lower] TM :
| signal based on a combination of the vectorand a |
: symbol coefficient matrix to demodulate the upper |
| [lower] TM signal :
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16001

Receive a combined signal including a non-TM signal and TM
signal on a common carrier signal, where the TM signal
contains training data 1602

| 1602

Separate the TM signal and the non-TM signal
1604
Shift the TM signal to baseband
1606
Arrange multiple frames of the TM signal into a received
training data matrix 1608

v

Determine a symbol coefficient matrix for the TM signal based
on the received training data matrix and a known training data
matrix 1610

FIG. 16
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Let C=c(L,K) } be a complex modulation matrix where L is the

frequency and K is the frame number.

Arrange the elements of C as follows: Note: there is one demodulator for each band
and each signal is formed after complex translation.
The #1s the pseudo-inverse constructed using SVD

CL1Y) CL2) CL3) ««-
- CL2) CL3) ClLA) «-- TN ————
ulti-Frame Demodulator
GLa) oLd Cs) One for each band
Similarly when the signal plus noise data S is received, it is our example uses
amanged into a matrix comprising set of frame (column) vectors, 3 frames, we actually use 6
we arrange the matrix of received signal plus noise vectors as
follows: D(L)=C(L,)* ¥
S 82 §3 s M aron T
§=| 82 s3 S e : STEP 1 In MAKING COEFFICIENTS }
S3 4 5 e | Solve C(n;) =K S (n)=,1={0,1,2}
2 24 2 i !
|

K = coefficient vector(s)

STEP 2 : SOLVE FOR COEFFICIENTS USING
PSEUDO-INVERSE VIA Singular Value Decomposition

K=C*S* S s the pseudo-nverse of §
S=xiai Ui (Vi

Sum is over the non-trivial singular vectors . .determined by the rank of the matrix.
U, V are left and right singular vectors, * is complex conjugate, T is transpose

For Moore-Penrose Pseudo-Inverse, take the Hermitian Conjugate of the above Result
and then reciprocate the singular values o |

S¥ =31 (11oi) Vi (UM
FIG. 17
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TRANSPOSITIONAL MODULATION AND
DEMODULATION

CROSS-REFERENCE TO RELATED
APPLICATIONS

This application is a continuation of U.S. application Ser.
No. 16/432,521, filed on Jun. 5, 2019, which claims the
benefit of the filing date of U.S. Provisional Application No.
62/680,860, filed on Jun. 5, 2018. The contents of U.S.
Application No. 62/680,860 and Ser. No. 16/432,521 are
incorporated herein by reference in their entirety.

BACKGROUND

Carrier modulation techniques are used to transmit infor-
mation signals from one location to another. Traditional
signal modulation techniques include, for example, ampli-
tude modulation (AM), frequency modulation (FM), phase
modulation (PM). In addition, complex modulation tech-
niques exist that incorporate aspects of AM, FM, and PM
such as quadrature phase shift keying (QPSK), amplitude
phase shift keying (APSK) and including quadrature ampli-
tude modulation (QAM).

SUMMARY

This specification relates to methods and systems for
conducing electronic communications using transpositional
modulation (TM). More specifically, the specification relates
to methods and systems for generating TM signals and
methods and systems for demodulating TM signals.

In a first aspect, the disclosure features methods of
modulating a carrier signal that include the operations of
generating a non-transpositional modulation (non-TM) sig-
nal from a first data signal, where the non-TM signal having
a frequency spectrum that occupies a bandwidth. Generating
a first TM signal by generating a first modulation from a
second data signal, and shifting the first modulation signal in
frequency to an upper sideband in the frequency spectrum of
the non-TM signal which lies within the bandwidth of the
non-TM signal to provide the first TM signal, and where
power of the first modulated signal is less than a power of
the non-TM signal. Generating a second TM signal by
generating a second modulation signal from a third data
signal, and shifting the second modulation signal in fre-
quency to a lower sideband in the frequency spectrum of the
non-TM signal which lies within the bandwidth of the
non-TM signal to provide the second TM signal, and where
the power of the second modulated signal is less than the
power of the non-TM signal. Combining the non-TM signal
with the first TM signal and the second TM signal on a
common carrier signal to provide a combined signal. Trans-
mitting the combined signal.

In a second aspect, the disclosure features methods of
modulating a carrier signal that include the operations of
generating a non-transpositional modulation (non-TM) sig-
nal from a first data signal, where the non-TM signal having
a frequency spectrum that occupies a bandwidth. Generating
a first TM signal by generating a first modulation from a
second data signal, and shifting the first modulation signal in
frequency to an upper or lower sideband in the frequency
spectrum of the non-TM signal which lies within the band-
width of the non-TM signal to provide the first TM signal,
and where power of the first modulated signal is less than a
power of the non-TM signal. Combining the non-TM signal
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with the first TM signal on a common carrier signal to
provide a combined signal. Transmitting the combined sig-
nal.

In a third aspect, the disclosure features a signal trans-
mitter configured to perform operations that include gener-
ating a non-transpositional modulation (non-TM) signal
from a first data signal, where the non-TM signal having a
frequency spectrum that occupies a bandwidth. Generating
a first TM signal by generating a first modulation from a
second data signal, and shifting the first modulation signal in
frequency to an upper sideband in the frequency spectrum of
the non-TM signal which lies within the bandwidth of the
non-TM signal to provide the first TM signal, and where
power of the first modulated signal is less than a power of
the non-TM signal. Generating a second TM signal by
generating a second modulation signal from a third data
signal, and shifting the second modulation signal in fre-
quency to a lower sideband in the frequency spectrum of the
non-TM signal which lies within the bandwidth of the
non-TM signal to provide the second TM signal, and where
the power of the second modulated signal is less than the
power of the non-TM signal.

In a fourth aspect, the disclosure features a signal trans-
mitter configured to perform operations that include gener-
ating a non-transpositional modulation (non-TM) signal
from a first data signal, where the non-TM signal having a
frequency spectrum that occupies a bandwidth. Generating
a first TM signal by generating a first modulation from a
second data signal, and shifting the first modulation signal in
frequency to an upper or lower sideband in the frequency
spectrum of the non-TM signal which lies within the band-
width of the non-TM signal to provide the first TM signal,
and where power of the first modulated signal is less than a
power of the non-TM signal. Combining the non-TM signal
with the first TM signal on a common carrier signal to
provide a combined signal. Transmitting the combined sig-
nal.

These and other implementations can each optionally
include one or more of the following features.

In some implementations, the bandwidth of the non-TM
signal is defined by a spectral mask. In some implementa-
tions, the power of the first TM signal is at least 3 dB less
than the power of the non-TM signal. In some implemen-
tations, the power of the first TM signal is at least 20 dB less
than the power of the non-TM signal.

In some implementations, the non-TM signal is a QAM
signal.

In some implementations, the first modulation signal is a
first complex modulated signal and the second modulation
signal is a second complex modulated signal. In some
implementations, the first modulation signal is modulated in
both amplitude and phase, and where the second modulation
signal is modulated in both amplitude and phase.

In some implementations, a symbol constellation of the
non-TM signal is larger than a symbol constellation of the
first TM signal.

In some implementations, a bandwidth of the combined
signal is approximately the same as the bandwidth of the
non-TM signal with the spectrum of the combined signal
lying within a spectral mask of non-TM signal. In some
implementations, a spectral efficiency of the combined sig-
nal is greater than 14 bps/Hz, for a 40 dB signal-to-noise
ratio (SNR) of the non-TM signal.

In some implementations, generating the first TM signal
includes filtering the first modulation signal to shape a
spectrum of the first modulation signal based on spectral
mask of the non-TM signal. In some implementations,
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filtering the first modulation signal shapes the first modula-
tion signal to correspond to spectral mask of the non-TM
signal.

In some implementations, shifting the first modulation
signal in frequency to the upper sideband in the frequency
spectrum of the non-TM signal includes shifting the first
modulation signal in frequency to a null of the upper
sideband in the frequency spectrum of the non-TM signal. In
some implementations, shifting the first modulation signal in
frequency to the upper sideband in the frequency spectrum
of the non-TM signal places the first TM signal at an upper
frequency spacing that is approximately orthogonal to the
non-TM signal.

In some implementations, shifting the second modulation
signal in frequency to the lower sideband in the frequency
spectrum of the non-TM signal includes shifting the second
modulation signal in frequency to a null of the lower
sideband in the frequency spectrum of the non-TM signal. In
some implementations, shifting the second modulation sig-
nal in frequency to the lower sideband in the frequency
spectrum of the non-TM signal places the first TM signal at
a lower frequency spacing that is approximately orthogonal
to the non-TM signal.

In some implementations, the non-TM signal, the first TM
signal, and the second TM signal have a same symbol frame
rate.

In some implementations, the transmitter includes a field
programmable gate array programed to perform the opera-
tions. In some implementations, the transmitter includes an
application specific integrated circuit with circuitry config-
ured to perform the operations.

In some implementations, the transmitter includes at least
one processor, and a data store coupled to the at least one
processor having instructions stored thereon which, when
executed by the at least one processor, causes the at least one
processor to perform the operations.

In a fifth aspect, the disclosure features methods of
demodulating a carrier signal that include the operations of
receiving a combined signal that includes a carrier signal
modulated with a first transpositional modulation (TM)
signal, a second TM signal, and a non-TM signal, where the
first TM signal is positioned, in frequency, at an upper
sideband in a frequency spectrum of the non-TM signal, and
the second TM signal is positioned, in frequency, at a lower
sideband in the frequency spectrum of the non-TM signal.
Separating the first TM signal, the second TM signal, and the
non-TM. Demodulating the non-TM signal. For each of the
first TM signal and the second TM signal: shifting the TM
signal to baseband, forming a vector of multiple symbol
frames of the TM signal, and determining a value of a
symbol of the TM signal based on a combination of the
vector and a symbol coefficient matrix to demodulate the
TM signal.

In a sixth aspect, the disclosure features methods of
demodulating a carrier signal that include the operations of
receiving a combined signal that includes a carrier signal
modulated with a transpositional modulation (TM) signal,
and a non-TM signal, where the TM signal is positioned, in
frequency, at an upper or lower sideband in a frequency
spectrum of the non-TM signal. Separating the TM signal
and the non-TM. Demodulating the non-TM signal. Shifting
the TM signal to baseband. Forming a vector of multiple
symbol frames of the TM signal. Determining a value of a
symbol of the TM signal based on a combination of the
vector and a symbol coefficient matrix to demodulate the
TM signal.
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In a seventh aspect, the disclosure features methods of
demodulating a carrier signal that include the operations of
receiving a combined signal that includes a carrier signal
modulated with a first transpositional modulation (TM)
signal, a second TM signal, and a non-TM signal, where the
first TM signal is positioned, in frequency, at an upper
sideband in a frequency spectrum of the non-TM signal, and
the second TM signal is positioned, in frequency, at a lower
sideband in the frequency spectrum of the non-TM signal.
Separating the first TM signal, the second TM signal, and the
non-TM. Demodulating the non-TM signal. For each of the
first TM signal and the second TM signal: forming a vector
of multiple symbol frames of the TM signal, and determin-
ing a value of a symbol of the TM signal based on a
combination of the vector and a symbol coeflicient matrix to
demodulate the TM signal.

In an eight aspect, the disclosure features a signal receiver
configured to perform operations that include receiving a
combined signal that includes a carrier signal modulated
with a first transpositional modulation (TM) signal, a second
TM signal, and a non-TM signal, where the first TM signal
is positioned, in frequency, at an upper sideband in a
frequency spectrum of the non-TM signal, and the second
TM signal is positioned, in frequency, at a lower sideband in
the frequency spectrum of the non-TM signal. Separating
the first TM signal, the second TM signal, and the non-TM.
Demodulating the non-TM signal. For each of the first TM
signal and the second TM signal: shifting the TM signal to
baseband, forming a vector of multiple symbol frames of the
TM signal, and determining a value of a symbol of the TM
signal based on a combination of the vector and a symbol
coeflicient matrix to demodulate the TM signal.

In a ninth aspect, the disclosure features a signal receiver
configured to perform operations that include receiving a
combined signal that includes a carrier signal modulated
with a transpositional modulation (TM) signal, and a non-
TM signal, where the TM signal is positioned, in frequency,
at an upper or lower sideband in a frequency spectrum of the
non-TM signal. Separating the TM signal and the non-TM.
Demodulating the non-TM signal. Shifting the TM signal to
baseband. Forming a vector of multiple symbol frames of
the TM signal. Determining a value of a symbol of the TM
signal based on a combination of the vector and a symbol
coeflicient matrix to demodulate the TM signal.

In a tenth aspect, the disclosure features a signal receiver
configured to perform operations that include receiving a
combined signal that includes a carrier signal modulated
with a first transpositional modulation (TM) signal, a second
TM signal, and a non-TM signal, where the first TM signal
is positioned, in frequency, at an upper sideband in a
frequency spectrum of the non-TM signal, and the second
TM signal is positioned, in frequency, at a lower sideband in
the frequency spectrum of the non-TM signal. Separating
the first TM signal, the second TM signal, and the non-TM.
Demodulating the non-TM signal. For each of the first TM
signal and the second TM signal: forming a vector of
multiple symbol frames of the TM signal, and determining
avalue of a symbol of the TM signal based on a combination
of the vector and a symbol coefficient matrix to demodulate
the TM signal.

In an eleventh aspect, the disclosure features methods of
training a transpositional modulation (TM) receiver that
include the operations of receiving a combined signal that
includes a carrier signal modulated with a TM signal and a
non-TM signal, the TM signal positioned, in frequency, at an
upper or lower sideband in a frequency spectrum of the
non-TM signal, where the TM signal contains training data.
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Separating the TM signal and the non-TM signal. Shifting
the TM signal to baseband. Arranging multiple frames of the
TM signal into a received training data matrix. Determining
a symbol coefficient matrix for the TM signal based on the
received training data matrix and a known training data
matrix.

In a twelfth aspect, the disclosure features a signal
receiver configured to perform operations that include
receiving a combined signal that includes a carrier signal
modulated with a TM signal and a non-TM signal, the TM
signal positioned, in frequency, at an upper or lower side-
band in a frequency spectrum of the non-TM signal, where
the TM signal contains training data. Separating the TM
signal and the non-TM signal. Shifting the TM signal to
baseband. Arranging multiple frames of the TM signal into
a received training data matrix. Determining a symbol
coeflicient matrix for the TM signal based on the received
training data matrix and a known training data matrix.

These and other implementations can each optionally
include one or more of the following features.

In some implementations, separating the first TM signal,
the second TM signal, and the non-TM signal includes
separating the first TM signal, the second TM signal, and the
non-TM signal using finite-impulse response (FIR) filtering.

In some implementations, determining a value of a sym-
bol of the TM signal based on a combination of the vector
and a symbol coefficient matrix includes: determining a
dot-product of the vector with the symbol coeflicient matrix
to obtain the value of the symbol, and mapping the value of
the symbol to a bit pattern represented by the value. In some
implementations, the vector including at least six symbol
frames of the TM signal.

In some implementations, separating the separating the
first TM signal, the second TM signal, and the non-TM
signal includes using finite impulse response (FIR) filters to
separate the first TM signal, the second TM signal, and the
non-TM signal.

In some implementations, determining the symbol coet-
ficient matrix for the TM signal based on the received
training data matrix and the known training data matrix
includes: determining an inverse or pseudo-inverse of the
received training data matrix based on a singular value
decomposition (SVD) of the received training data matrix,
and multiplying the pseudo-inverse of the received training
data matrix with the known training data matrix to provide
the symbol coeflicient matrix. In some implementations, the
received training data matrix includes at least six rows of N
frames of the TM signal, where a first through N-1th frame
of the second row are equal to a second through nth frame
of the first row.

In some implementations, the receiver includes a field
programmable gate array programed to perform the opera-
tions. In some implementations, the receiver includes an
application specific integrated circuit with circuitry config-
ured to perform the operations.

In some implementations, the receiver includes at least
one processor, and a data store coupled to the at least one
processor having instructions stored thereon which, when
executed by the at least one processor, causes the at least one
processor to perform the operations.

Particular implementations of the subject matter
described in this specification can be implemented so as to
realize one or more of the following advantages. Implemen-
tations may increase the data rate of signals transmitted
using traditional modulation schemes. Implementations may
permit the combination of two differently modulated signals
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on a single carrier frequency. Implementations may increase
the data throughput of individual wired or wireless data
links.

The details of one or more implementations of the subject
matter described in this specification are set forth in the
accompanying drawings and the description below. Other
features, aspects, and advantages of the subject matter will
become apparent from the description, the drawings, and the
claims.

BRIEF DESCRIPTION OF THE DRAWINGS

FIG. 1 depict example systems in accordance with imple-
mentations of the present disclosure.

FIG. 2 depicts a block diagram of a representative TM
signal transmitter in accordance with implementations of the
present disclosure.

FIG. 3 A depicts charts of exemplary symbol maps for TM
symbols in accordance with implementations of the present
disclosure.

FIGS. 3B-3G depicts graphs of representative signals
produced at various stages within the TM transmitter of FI1G.
2.

FIG. 4 depicts a block diagram of another representative
TM signal transmitter in accordance with implementations
of the present disclosure.

FIG. 5 depicts a block diagram of a representative TM
signal receiver in accordance with implementations of the
present disclosure.

FIG. 6 depicts a graph illustrating phase cancellation of a
TM signal over a symbol frame of a non-TM signal in
accordance with implementations of the present disclosure.

FIG. 7 depicts a block diagram of a representative TM
signal demodulator in accordance with implementations of
the present disclosure.

FIG. 8 depicts a block diagram of another representative
TM signal receiver in accordance with implementations of
the present disclosure

FIGS. 9 and 10 depict example processes that can be
executed in accordance with implementations of the present
disclosure.

FIG. 11 depicts a block diagram of another representative
TM transmitter in accordance with implementations of the
present disclosure.

FIG. 12 depicts a plot of Bessel Functions.

FIG. 13 depicts an example process for producing inde-
pendent TM signals as sidebands to a non-TM signal that
can be executed in accordance with implementations of the
present disclosure.

FIG. 14 depicts a block diagram of another representative
TM receiver in accordance with implementations of the
present disclosure.

FIG. 15 depicts an example process for demodulating
independent TM signals as sidebands to a non-TM signal
that can be executed in accordance with implementations of
the present disclosure.

FIG. 16 depicts an example process for training a TM
demodulator that can be executed in accordance with imple-
mentations of the present disclosure.

FIG. 17 depicts example matrix operations performed as
part of the process depicted in FIG. 16.

Like reference numbers and designations in the various
drawings indicate like elements.

DETAILED DESCRIPTION

Implementations of the present disclosure generally relate
to conducing electronic communications using transposi-
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tional modulation (TM). More specifically, implementations
relate to methods and systems for generating TM signals and
methods and systems for demodulating TM signals.

As used herein the terms “Transpositional Modulation,”
“TM modulation,” “TM,” and “TM signal” refer to tech-
niques of adding information to a carrier signal without
affecting the amplitude, frequency or phase of the carrier
signal (or a signal that is modulated according to such a
technique) as observed by a traditional receiver or demodu-
lator (e.g., a non-TM capable receiver/demodulator). Trans-
positional modulation can be generated by several tech-
niques. For example, in a “wide-band TM modulation”
technique information is conveyed by modulating the inflec-
tion points of a carrier wave to represent data. For example,
in a “harmonic TM modulation” technique information is
conveyed by altering (e.g., transposing, time shifting) a
harmonic of a carrier signal. For example, Transpositional
Modulation can be produced by altering a third harmonic or
other harmonics of a carrier signal (e.g., a fourth harmonic,
fifth harmonic, sixth harmonic, etc.). For example, in an
“internal TM modulation” technique information is con-
veyed by altering a periodic signal (an “internal TM modu-
lation signal”) which is applied to the carrier signal. Any
effects of the TM internal modulation signal on either the
carrier wave itself or another traditional modulation signal
(e.g., non-TM signal) carried by the carrier wave cancel over
the symbol frame of a non-TM modulation signal, and
consequently, are not detectable by a traditional signal
demodulator. Examples of documents that describe tech-
niques for performing TM modulation and demodulation
and/or uses of transpositional modulation include, but are
not limited to, U.S. Pat. No. 9,014,293 entitled “Transposi-
tional modulation systems and methods;” U.S. Pat. No.
9,338,041 entitled “Extracting carrier signals from modu-
lated signals;” U.S. Pat. No. 9,338,042 entitled “Separating
and extracting modulated signals;” U.S. Pat. No. 9,473,983
entitled “Transpositional modulation communications
between devices;” U.S. Pat. No. 9,515,815 entitled “Trans-
positional modulation systems, methods and devices;” U.S.
Pat. No. 9,516,490 entitled “Identifying devices with trans-
positional modulation;” U.S. Pat. No. 9,628,318 entitled
“TRANSPOSITIONAL MODULATION COMMUNICA-
TIONS;” and U.S. Pat. No. 9,882,764 entitled “TRANSPO-
SITIONAL MODULATION.” TM signals generated by
each of the above techniques share the same characteristics
in that the TM signals add information to a carrier signal
without affecting the amplitude, frequency or phase of the
carrier signal as observed by a traditional demodulator (e.g.,
non-TM demodulator) and the TM signals are not detectable
by traditional demodulators, for example, those used for
amplitude, frequency, or phase modulated signals. The pres-
ent application introduces techniques for expanding the
internal TM modulation technique to produce independent
TM sidebands to a non-TM signal.

As used herein the term “transparency” as used in relation
to TM modulation with respect to other non-TM modulated
signals refers to the ability to add TM to another modulation
signal, for example adding TM to a Quadrature Amplitude
Modulation (QAM) baseband or subcarrier signal, without
substantially adding observable bandwidth, while both the
TM modulation and the non-TM modulation can be inde-
pendently recovered.

FIG. 1 depicts an example system 100 in accordance with
implementations of the present disclosure. The system 100
is a system of communication devices 102. The system 100
may be a radio frequency (RF) communication system, a
satellite communication system, a landline communication
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system (e.g., a telephony or cable network), an optical
communication system, a computer network, or any other
system of communication devices 102. The communication
devices 102 include systems for modulating a carrier signal
with an information signal using traditional modulation
techniques and transmitting and receiving the modulated
signal from one communication device 102 to/from another.
For example, communication device A may be a cellular
base station, and communication devices B and C may be
mobile devices (e.g., smartphones).

Communications devices A, B, and C include a traditional
(e.g., non-TM) transmitter and receiver. Traditional modu-
lation techniques include, for example, amplitude modula-
tion (AM), frequency modulation (FM), and phase modu-
lation (PM) in addition to complex modulation techniques
that incorporate aspects of AM, FM, and PM such as
quadrature phase shift keying (QPSK), amplitude phase shift
keying (APSK) and including quadrature amplitude modu-
lation (QAM). In addition, communication devices A and B
include a TM transmitter 104 and a TM receiver 106. In
some examples, a TM transmitter 104 and/or a TM receiver
106 can be integrated with traditional transmitters and
receivers. The TM transmitter 104 and/or TM receiver 106
can be implemented as hardware devices (e.g., integrated
circuits, chip-sets, application specific integrated circuits
(ASIC) or field programmable logic arrays (FPGA)) or they
can be implemented in software (e.g., as a software defined
radio (SDR)).

The system 100 can combine non-TM (e.g., traditionally
modulated) signals 108 with TM modulated signals 110 on
the same carrier using a TM transmitter 104, thereby,
increasing the overall data rate of the combined signal 112.
The TM modulated signal 110 can be separated from the
combined signal 112 and demodulated by a TM receiver
106. Likewise, the traditionally modulated signal 108 can be
separately demodulated with no significant interference
caused by the TM modulated signal 110. This is possible
because TM modulated signals are undecipherable by non-
TM receivers, instead appearing as a slight increase of noise
in traditionally modulated signals.

For example, communication device A may transmit a
combined signal 112 including a QAM signal 108 and a TM
modulated signal 110 on the same carrier signal. Commu-
nication device B can then receive the combined signal 112.
A non-TM receiver in communication device B is used to
detect and demodulate the non-TM signal 108. The T™M
receiver 106 of communication device B separates and
extracts the TM modulated signal 110 from the combined
signal 112, and then demodulates the TM modulated signal
110 to obtain the TM modulated data signal. On the other
hand, communication device C, which does not have a TM
receiver 106, will only detect and demodulate the tradition-
ally modulated signal 108; not the TM modulated signal 110.

In some implementations, the carrier signal can be an
intermediate frequency (IF) carrier signal. That is, the carrier
signal is not necessarily at the same frequency of the carrier
upon which the signal is ultimately be transmitted, but may
be at an IF used internally within a system (e.g., a satellite
communication system) as an intermediate step in either
signal transmission or reception. That is, in the case of signal
transmission, a system may up-convert a combined signal
112 from the IF signal to a transmission carrier frequency
prior to transmitting the combined signal 112. Conversely, in
the case of signal reception, a system may down-convert a
modulated signal from the transmission carrier frequency to
an IF frequency before separating the TM modulated signal
110 from the combined signal 112. In other implementa-
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tions, an IF carrier signal may not be used, and the trans-
mission carrier signal can be modulated with both a tradi-
tionally modulated signal and a TM modulated signal.

Electronic communications between communication
devices A, B, and C can be performed through wired
communication channels, wireless communication chan-
nels, or both. For example, communication devices 102 can
be configured with one or more antennae to conduct wireless
communications through a wireless channel including, but
not limited to, a satellite communication channel, a wireless
computer networking communication channel, and a cellular
communication channel. Communication device 102 can be
configured to conduct communication through a wired com-
munication channel including, but not limited to, a telephone
network, cable networks, an Ethernet network, or serial
communication channels (e.g., USB, Thunderbolt, etc.).
Communication devices 102 can include, but are not limited
to, cellular base stations, mobile communication devices
(e.g., mobile phones, smartphones, tablet computers, wear-
able devices), satellite bases stations, satellite radios, com-
puter network devices (e.g., servers, routers, wireless net-
work access points or wireless network routers), computers
(e.g., laptop or desktop computers), Internet of Things (IoT)
devices, computer peripheral devices (e.g., plug and play
devices), near-field communication transceivers, broadcast
and/or cablecast network devices (e.g., cable television
receivers), broadband/cable modems, communication
devices autonomous vehicle communications (e.g., self-
driving vehicles, unmanned aerial vehicles (UAV)), etc.

FIG. 2 depicts a block diagram of a representative TM
signal transmitter 104 in accordance with implementations
of'the present disclosure. TM transmitter 104 is an integrated
TM transmitter. That is, TM transmitter 104 is integrated
with non-TM transmitter components. TM transmitter 104
can be implemented in hardware (e.g., as integrated circuits,
chip-sets, application specific integrated circuits (ASIC) or
field programmable logic arrays (FPGA)) or in software
(e.g., as a software defined radio (SDR)). TM transmitter
104 includes several component modules which are
described in more detail below.

For simplicity of discussion, TM transmitter 104 is illus-
trated and described in the context of combining a TM signal
with a QAM signal. However, TM transmitter 104 may be
configured to combine TM with other non-TM modulation
types including, but not limited to, AM, FM, PM, QPSK,
APSK, DPSK, or FSK. That is, for example, in some
implementations, QAM components 210 and 212 may be
replaced by or supplemented with corresponding modula-
tion components for performing PSK modulation. In some
implementation, for example, TM transmitter 104 can
include multiple sets of non-TM modulation components.
TM transmitter 104 can configured to select between com-
bining TM signals with any of the configured non-TM types
of modulation. For example, a processor can be used to
select between several non-TM signal types for combination
with a TM signal based criteria including, but not limited to,
communication channel conditions (e.g., noise, error rate,
etc.), capabilities of a receiving device (e.g., which non-TM
signals a receiver is capable of receiving), a priority of the
data to be sent, a size of the data to be sent or a type of the
data to be sent.

As a whole, TM transmitter 104 receives multiple input
data signals and processes the data signals for transmission
on a common carrier using both a TM signal and a non-TM
signal. TM transmitter 104 receives input data signals 202aq,
2025 (data stream 1 and data stream 2). The input data
signals 2024, and 20254 are intended for transmission to one
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or more receivers. In the illustrated implementation, TM
transmitter 104 modulates a carrier signal with data from
data stream 1 using TM modulation and modulates the same
carrier with data from data stream 2 using QAM modulation.
Data stream 1 and data stream 2 can be two independent data
streams. TM transmitter 104 may thus increase the data
throughput of system by sending two data signal on the same
carrier. Thus, TM transmitter 104 may provide, in a sense,
modulation division multiple access by separately transmit-
ting two independent data signals 202a, 2026 simultane-
ously on a single carrier using separate TM and QAM
signals.

TM transmitter 104 uses a technique referred to herein as
“internal TM modulation” to generate the TM signal. As will
be described in more detail below, internal TM modulation
involves encoding data from an input data stream 202a
within discrete phase shifts or time shifts of an internal
modulation signal (also referred to as an “internal TM
signal” or simply the “TM signal” in reference to internal
TM modulation). The internal TM signal is periodic signal,
for example, a sinusoid or other periodic signal. The internal
TM signal has a frequency that is related to the symbol
frame (e.g., symbol period and symbol rate) of the non-TM
signal with which the TM signal will be combined. For
example, the internal TM signal can have a frequency that is
an integer multiple of the symbol rate of the non-TM signal.

TM transmitter 104 modulates a carrier signal with the
TM signal by applying the internal TM signal to the carrier
signal. Internal TM modulation differs from traditional
phase modulation in that the phase of the carrier signal is not
directly modulated or altered based on the input data signal.
Instead, the internal TM signal is modulated with the data
signal and the entire sinusoidal internal TM signal is applied
to the carrier by, for example, inserting the entire sinusoidal
internal TM signal into the phase or frequency of the carrier
signal. The data of the data signal 2024 is encoded in a phase
or time shift of the internal TM signal and not directly in the
carrier. Moreover, because the internal TM signal is peri-
odic, variations in the phase of the carrier caused by the
internal TM signal are averaged out over an integer number
cycles of the internal TM signal (discussed in more detail
below in reference to FIGS. 3B and 6). In some implemen-
tations, TM symbols can be constructed so that the internal
TM signal averages out over an integer number of half-cycle
of the internal TM signal.

In more detail, TM transmitter 104 includes several
modules, each of which can be implemented in hardware or
software. For example, each of the modules can be imple-
mented in hardware as an integrated circuit, a chip-set, an
ASIC, FPGA, as a software module (e.g. one or more code
blocks), or a combination thereof. TM transmitter 104
includes a TM signal generator (TM-SG) 204, a carrier
generator 206, an internal carrier modulator 208, a QAM
symbol mapper 210, and a QAM [/Q modulator 212.

TM-SG 204 generates the internal modulation signal. The
TM-SG 204 includes a signal generator 220, a signal fram-
ing module 222, a TM symbol mapper 224, and a framed
signal modulator 226. Signal generator 220 generates a
periodic signal which will be modulated to provide the
internal modulation signal. For example, signal generator
220 is described herein as generating a sinusoidal signal.
However, in other implementations, different periodic sig-
nals can be used to produce the internal modulation signal as
described herein.

The sinusoidal signal can be represented generally as
sin(w,,t), where w,,=2xtf. The frequency, f, of the sinusoidal
signal is related to the symbol rate of the QAM signal which
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the TM signal will be combined. A representative output
(signal A) of signal generator 220 is illustrated in graph 310
of FIG. 3B. For example, the frequency of the sinusoidal
signal (signal A) can be, approximately, an integer multiple
of the symbol rate of the QAM symbols generated by the
QAM symbol mapper 210 and QAM 1/Q modulator 212.
Thus, an integer number of cycles of the sinusoidal signal
(signal A) are present each QAM symbol period (T as 5pm)-
For example, as shown in FIG. 3B, approximately two
cycles of the sinusoidal signal (signal A) are present in each
QAM symbol period (e.g., the frequency of the Signal A in
FIG. 3B is approximately twice the QAM symbol rate).

Signal framing module 222 divides the sinusoidal signal
into frames. The frames of the sinusoidal signal represent
portions of the sinusoidal that will be discretely phase or
time shifted to generate the internal TM modulation signal.
The framed portions of the sinusoidal signal also represent
the symbol period of TM symbols (T, s,.,,)- For example,
graph 310 of FIG. 3B illustrates signal A separated into
frames. The framed signal can be represented by
SIN(0,,1) 7y Where sin(m,, ) z,.,n.=sin(w,t); from the start
of a frame t=t. ,,,, to the end of a frame t=t, _,,. Signal
framing module 222 can synchronize the framing of the
sinusoidal signal such that each frame includes an integer
number of cycles of the sinusoidal signal. In other words,
signal framing module 222 times the frames such that the
TM symbol period corresponds with an integer multiple of
the period of the sinusoidal signal generated by signal
generator 220. Graph 310 of FIG. 3B illustrates frame 1 and
frame 2 as including two cycles of sinusoidal signal A. The
TM symbol periods may include any integer number of
cycles of the sinusoidal signal. Moreover, as described
below and illustrated in FIGS. 3D and 3E, the TM symbol
frames need not be the same length as the QAM symbol
periods (as shown in FIG. 3B). The TM symbol frames may
be shorter or longer than the QAM symbol periods.

TM symbol mapper 224 maps the data from input data
202a to TM symbols of a TM symbol constellation. The TM
symbols can be represented by different discrete phase shifts
in each frame of the sinusoidal signal generated by signal
generator 220. For example, the output (Signal B) of TM
symbol mapper 224 is a phase shift value (0,) that represents
the value of a set of binary digits. FIG. 3A depicts a chart
300 of an exemplary symbol map for TM symbols. Chart
300 shows a mapping of eight three-bit TM symbols. Each
three-bit set of binary data corresponds to a discrete phase
shift (e.g., 0,-0,) of the sinusoidal signal (e.g., signal A).
The illustrated TM symbol constellation is an 8-TM con-
stellation; similar to an 8-PSK constellation. Although an
8-TM constellation size is shown, implementations can use
N-ary TM constellation sizes that are larger or smaller than
8 symbols. For example, TM constellation sizes include
4-TM, 16-TM, 64-TM, 256-TM, or larger. The difference
between phases 0,—0, represents the symbol spacing (A0)
for the TM constellation. The total range for the phase shifts
(e.g., symbol space) can be from w to —(7—A0).

Framed signal modulator 226 generates the internal
modulation signal (e.g., TM signal). Framed signal modu-
lator 226 modulates the sinusoidal signal (signal A) by
applying an appropriate phase shift to each frame of the
sinusoidal signal to represent data from the input data signal
202a. For example, framed signal modulator 226 receives
phase shift data from TM symbol mapper 224 and shifts the
phase of a respective frame of the sinusoidal signal by a
corresponding amount to accurately represent data from the
input data signal 202a. The output of framed signal modu-
lator 226 (signal C) is the internal TM signal.
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For example, graph 312 of FIG. 3B illustrates a repre-
sentative internal TM signal (signal C). Signal C is shown
directly below the unmodulated sinusoidal signal (signal A)
to clearly illustrate the discrete phase shifts in signal C. The
first TM symbol (frame 1 of signal C) is shifted by 45° to
represent the binary value 011b. The second TM symbol
(frame 2 of signal C) is shifted by -22.5° to represent the
binary value 101b. As seen in signal C, because the TM
symbol period is an integer multiple of the period of signal
A, the average value of signal C during each frame remains
Zero.

Each frame of the internal TM signal can be represented
generally as @, (t)=¢ sin(w,,t+6,), where @, (t) represents
the internal TM signal, 0, represents the phase shift of the
k-th frame TM symbol, and ¢ is a TM modulation index. The
TM modulation index, ¢, is set to a maximum value of less
than & (e.g., 7/2) to avoid over modulation of the carrier’s
phase. Furthermore, the modulation index, phase shift val-
ues 0, or both can be adjusted to control side lobes of the
TM modulation when applied to the carrier signal. For
example, the modulation index can be adjusted to control the
spectrum of the TM signal such that it fits within a passband
of a given communication channel. An internal TM signal
that includes a set of N symbol frames can be represented
generally as a sum of the N frames of TM symbols from k=0
10 N; @ 1 (-2 e sin(0,,t4+0)] rrame_i-

Internal carrier modulator 208 applies the internal TM
signal to the carrier signal by inserting the internal TM
signal into the phase of a carrier signal. Internal carrier
modulator 208 receives a carrier signal from carrier genera-
tor 206. Carrier generator 206 produces a carrier or IF signal
that will be used to transmit the TM signal and the QAM
signal. The carrier signal is represented generally as A
sin(w t), where A represents the amplitude of the carrier and
m, represents the angular frequency of the carrier. Internal
carrier modulator 208 inserts the internal TM signal into the
phase of the carrier signal and outputs a TM modulated
carrier signal (signal D). For example, the TM modulated
carrier signal can be represented generally as V,,(1)=A
sin(w t+® 1, (). In some implementations, the internal TM
signal can be inserted into the frequency of the carrier signal.
For example, internal carrier modulator 208 can insert the
internal TM signal into the frequency of the carrier signal. In
such implementations, the TM modulated carrier signal can
be represented generally as V,(0)=A sin((w+D 7, (D))L).

In some implementations, such as when the TM signal is
combined with a QAM signal the carrier is a complex
carrier. In such implementations, the TM modulated carrier
can be represented generally as V,, ()=A el Pm) Ip
practice, a complex carrier signal may be generated as a pair
of real sinusoidal signals with an orthogonal phase relation-
ship; an in-phase cosine carrier and a quadrature-phase
negative cosine carrier). In such implementations, internal
carrier modulator 208 inserts the internal TM signal into the
phase of one or both of the I/Q carrier signals.

Graph 314 of FIG. 3B provides an example of a TM
modulated carrier signal (signal D). For illustrative pur-
poses, an unmodulated carrier signal 316 and internal TM
signal (signal C) are superimposed over TM modulated
carrier signal (signal D). In addition, graph 318, just below
graph 314, is a plot of the time varying phase difference
between the TM modulated carrier signal (signal D) and the
unmodulated carrier signal 316. As illustrated in graphs 314
and 318, the TM modulated carrier signal (signal D) alter-
nates between leading the unmodulated carrier signal 316 (at
time t,), being in completely phase with the unmodulated
carrier signal 316 (at time t,), and lagging the unmodulated
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carrier signal 316 (at time t;) by equivalent phase shifts. This
occurs twice within each QAM symbol period in the illus-
trated example. Consequently, the time-averaged phase dif-
ference between the TM modulated carrier signal (signal D)
and the unmodulated carrier signal 316 is zero for each
QAM symbol period.

QAM symbol mapper 210 receives input data 2025 from
data stream 2 and maps the input data 20256 to QAM
symbols. QAM symbol mapper 210 outputs a baseband
QAM signal that can be represented generally as
Q=1Q, le”", where 1Q,| represents the magnitude of the
n-th frame QAM symbol and e"*~ represents the phase of the
n-th frame QAM symbol. QAM carrier modulator 212
modulates the TM modulated carrier signal (signal D) with
the QAM symbols. QAM modulator 212 outputs a com-
bined signal (signal E) that includes the carrier signal
modulated with both the TM and QAM signals. The com-
bined signal can be represented generally as V., 1)=Q(t)
A o+ P The combined signal (V,,,,, ) has a constant
complex value over a QAM symbol frame, which is repre-
sentative of one of N such values in a QAM constellation,
as selected by QAM symbol mapper 210. Graph 320 of FIG.
3C provides an example of a combined TM and QAM
modulated carrier signal (signal E). Graph 320 shows the
real magnitude of a combined TM and QAM modulated
carrier signal. As discussed above, phase shifts of the carrier
due to the internal TM signal are canceled over the symbol
period of the QAM signal, and thus, have a minimal impact
on the recoverability of the QAM signal.

Filter 230 is a transmit filter that filters the combined
signal to meet the constraints of a given transmission
channel. For example, filter 230 can be a band pass filter that
matches the pass-band of the transmission channel.

IF up converter 232 is included in transmitters 104 that
generate the combine signal at an intermediate frequency. IF
up converter 232 upshifts the combined signal from the
intermediate frequency to a carrier frequency.

While transmitter 104 has been described as modulating
a carrier signal with TM first and then modulating the TM
modulated carrier with QAM, in some implementations the
order of modulation may be reversed. For example, a carrier
signal can be modulated with QAM first and the QAM
modulated carrier can be subsequently modulated with the
internal TM signal. That is the internal carrier modulator 208
can insert the internal TM signal into the phase of a complex
carrier that is already modulated with a QAM signal.

As noted above, the TM symbol frame need not be the
same length as the QAM symbol periods (as shown in FIG.
3B). In other words, the TM and QAM symbol rates can be
different. In general, when the frequency of sinusoidal signal
used to generate the internal TM signal is related to the
QAM symbol rate (e.g., as opposed to being a harmonic of
the carrier signal as noted above), then the TM symbol
period should generally be an integer multiple of the period
of the sinusoidal signal. Setting the TM symbol period as an
integer multiple of the period of the sinusoidal signal aids in
preventing interference between the TM and QAM signal
and, thereby, maintaining the transparency between the
signals.

For example, FIG. 3D shows graphs 330-336 which
illustrate a TM signal in which the TM symbol period is
longer than the QAM symbol period, or, in other words, the
TM symbol rate is lower than the QAM symbol rate. Graph
330 illustrates that the sinusoidal signal (signal A) has one
cycle per QAM symbol. The TM symbol frames 1 and 2 of
the internal TM signal (signal C) are twice the length of the
QAM symbols, and thus, half of the symbol rate. Yet, as
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illustrated in graphs 334 and 336 the phase variations
introduced into the TM modulated carrier signal (signal D)
will still average to zero over each of the QAM symbol
periods.

As another, FIG. 3E shows graphs 340-346 which illus-
trate a TM signal in which the TM symbol period is shorter
than the QAM symbol period, or, in other words, the TM
symbol rate is higher than the QAM symbol rate. Graph 340
illustrates that the sinusoidal signal (signal A) has four
cycles per QAM symbol. The TM symbol frames 1 and 2 of
the internal TM signal (signal C) are half the length of the
QAM symbols, and thus, twice the symbol rate. Still, as
illustrated in graphs 344 and 346 the phase variations
introduced into the TM modulated carrier signal (signal D)
will still average to zero over each of the QAM symbol
periods.

In some implementations, the information carrying capac-
ity of the TM signal can be increased by encoding data in
amplitude shifts of the internal TM signal in addition to
phase shifts. For instance, the internal TM signal can be
itself a complex modulation signal (e.g., a “TM-QAM
signal”). TM symbol mapper 224 can represent TM symbols
by different combinations of a phase shifts and amplitude
shifts of the sinusoidal signal generated by signal generator
220, thus, expanding the TM symbol constellation. For
example, the TM modulation index, &, can be shifted to add
an amplitude shift component to the TM symbol set. Chart
302 of FIG. 3A illustrates an example set of TM symbols
that incorporate both amplitude and phase shifts to represent
data. In chart 302 g, and e, represent two amplitude levels
(e.g., w6 and w/12). Framed signal modulator 226 then
modulates the sinusoidal signal (signal A) by applying an
appropriate combination of phase shift and amplitude shift
to each frame of the sinusoidal signal to represent data from
the input data signal 202a and to, thereby, generate the
internal TM signal (signal C). Each frame of the internal TM
signal can be represented generally @ ,, (t)=¢, sin(w,,t+0,)s,
where g, represents the amplitude shifted modulation index
for the k-th frame TM symbol.

For example, FIG. 3F shows graphs 350-356 which
illustrate a TM signal in which the TM symbols are repre-
sented by a combination of shifts in phase and amplitude
(e.g., TM modulation index). Graph 350 illustrates that the
sinusoidal signal (signal A) has two cycles per QAM sym-
bol. As shown in graph 352, the first TM symbol (frame 1
of signal C) is represented by a phase shift by 45° of the
sinusoidal signal (signal A) and a modulation index value of
/6 to represent the binary value 0011b. The second TM
symbol (frame 2 of signal C) is represented by a phase shift
by -22.5° of the sinusoidal signal (signal A) and a modu-
lation index value of m/12 to represent the binary value
1101b. Yet, as illustrated in graphs 354 and 356 the phase
variations introduced into the TM modulated carrier signal
(signal D) will still average to zero over each of the QAM
symbol periods. However, due to the smaller modulation
index value of the second TM symbol, the TM modulated
carrier signal (signal D) in frame 2 exhibits less phase
variation.

In some implementations, TM symbols can be repre-
sented by half-cycles of the sinusoidal signal (signal A). For
example, a half-cycle TM symbol can be constructed so as
to average to zero within each non-TM symbol frame by
synchronizing the sinusoidal signal with the non-TM sym-
bol frames such that the non-TM symbol frame includes
approximately equal positive and negative quarter cycles of
the sinusoidal signal. For example, a cosine signal that is
synchronized with the non-TM symbol frames can be used



US 10,880,149 B2

15

as the sinusoidal signal (signal A), as illustrated in FIG. 3G.
In such implementations, data can be encoded in the ampli-
tude shifts of the internal TM signal. TM symbol mapper
224 can represent TM symbols by different combinations
amplitude shifts of the sinusoidal signal generated by signal
generator 220. For example, the TM modulation index, &,
can be shifted to encode data in an amplitude shift of the
internal TM signal. Framed signal modulator 226 then
modulates the sinusoidal signal (signal A) by applying an
appropriate amplitude shift to each frame of the sinusoidal
signal to represent data from the input data signal 202a¢ and
to, thereby, generate the internal TM signal (signal C). Each
frame of the internal TM signal can be represented generally
as @, (t)=¢, cos(w,t), where g, represents the amplitude
shifted modulation index for the k-th frame TM symbol.

For example, FIG. 3G shows graphs 360-366 which
illustrate a TM signal in which the TM symbols are repre-
sented by amplitude (e.g., TM modulation index) shifts in
half-cycles of the sinusoidal signal. Graph 360 illustrates
that the sinusoidal signal (signal A) has one half-cycle per
QAM symbol. Graph 360 also illustrates the sinusoidal
signal divided into four TM symbols (TM frames 1-4), each
of which includes one half-cycle of the sinusoidal signal
(signal A). As shown in graph 362, the first TM symbol
(frame 1 of signal C) is represented by an amplitude modu-
lation index value of /6. The second TM symbol (frame 2
of signal C) is represented by an amplitude modulation
index value of 7/12. The third TM symbol (frame 3 of signal
C) is represented by an amplitude modulation index value of
7/8. And, the fourth TM symbol (frame 4 of signal C) is
represented by an amplitude modulation index value of 7/6.
Yet, as illustrated in graphs 364 and 366 the phase variations
introduced into the TM modulated carrier signal (signal D)
will still average to zero over each of the QAM symbol
periods. The effect of the positive quarter-cycle of each TM
symbol on the TM modulated carrier signal (signal D)
effectively cancels with corresponding negative quarter-
cycle.

FIG. 3G serves as an example of how an internal TM
signal can be composed of half-cycles of a periodic signal.
However, such implementations are not limited to only one
half-cycle per TM symbol frame, but can include an integer
number of half-cycles per TM symbol frame. Similarly, such
implementations are also not limited to only one half-cycle
per non-TM symbol frame (or only one TM symbol per
non-TM symbol), but can include an integer number of
half-cycles per non-TM symbol frame or an integer number
of TM symbols per non-TM symbol frame.

In some implementations, TM transmitter 104 synchro-
nizes the phase of sinusoidal signal (signal A) with non-TM
symbols. For example, signal generator 220 can generate the
sinusoidal signal (signal A) such that it is synchronized with
the symbol frame period of the non-TM signal. In such
implementations, the changes in the symbols of the non-TM
signal can serve as a synchronization signal at the receiver
for detecting the TM symbols. In such implementations, the
changes in the symbols of the non-TM signal can serve as a
synchronization signal at the receiver for demodulating the
TM signal. In some implementations, TM transmitter 104
can generate the sinusoidal signal (signal A) as a harmonic
of the carrier signal.

In some implementations, TM transmitter 104 synchro-
nizes the phase of sinusoidal signal (signal A) with the phase
of a carrier signal. For example, signal generator 220 can
generate the sinusoidal signal (signal A) such that it is in
phase with the carrier signal generated by carrier generator
206. In such implementations, the carrier can serve as a
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synchronization signal at the receiver for demodulating the
TM signal. In some implementations, TM transmitter 104
can generate the sinusoidal signal (signal A) as a harmonic
of the carrier signal.

In some implementations, TM transmitter 104 can adjust
the data rates of one or both of the TM and QAM signals. For
example, TM transmitter 104 dynamically control the TM
symbol mapper 224, the QAM symbol mapper 210, or both
to adjust the respective TM or QAM constellations (e.g.,
bits/symbol) to account for changes in the transmission
channel conditions. For example, if channel noise increases,
TM transmitter 104 can control one or both of the symbol
mappers 224, 210 to contract the respective symbol constel-
lation and decrease the number of bits/symbol. By contrast,
if channel noise decrease, TM transmitter 104 can control
one or both of the symbol mappers 224, 210 to expand the
respective symbol constellation and increase the number of
bits/symbol.

In some implementations, transmitter 104 can transmit the
TM modulated signal without adding the QAM signal. For
example, transmitter 104 can be configured to selectively
turn QAM 1/Q modulator 212 on and off. Similarly, trans-
mitter 104 can be configured to selectively turn internal
carrier modulator 208 on and off. If, for example, the
combined data rate of TM and QAM signals is not needed
transmitter 104 can select to transmit data using either a TM
signal or a QAM signal alone.

In some implementations, carrier generator 206 can be a
hardware oscillator. In some implementations, carrier gen-
erator 206 can be a software module that generates a carrier
or local oscillator signal. In some implementations, carrier
generator 206 may be separate from transmitter 104. For
example, transmitter 104 can receive a carrier signal can
from an external oscillator or clock.

In some implementations, the QAM modulator 212 can be
located before the internal carrier modulator 208. For
example, the QAM modulator 212 can modulate the carrier
signal with the QAM signal before internal carrier modula-
tor 208 applies the internal TM signal to the carrier signal.
In such implementations, internal carrier modulator 208 can
receive the QAM modulated carrier signal and, using tech-
niques described above, insert the internal TM signal into
the QAM modulated carrier signal. In other words, internal
carrier modulator 208 can be configured to insert the internal
TM signal into an unmodulated carrier signal or into a
carrier signal that is modulated with a non-TM signal (e.g.,
traditional modulation signal).

FIG. 4 depicts a block diagram of another representative
TM transmitter 400 in accordance with implementations of
the present disclosure. TM transmitter 400 is similar in
operation to transmitter 104. However, instead of transmit-
ting two independent data streams, one as a TM signal and
another as a QAM signal, TM transmitter 400 splits data
stream 404 to transmit a first portion 202a of the data stream
404 as a TM signal and a second portion 2025 of the data
stream 404 as a QAM signal. TM transmitter 400 includes
a data flow splitter 402 that splits the input data stream 404
into two portions 202a, 2025 and feeds one portion 2024 to
the TM portion of the transmitter and the other portion 2025
to the QAM portion of the transmitter 400. Data flow splitter
402 can apportion the input data stream based on the
individual data rates of the TM and QAM signals. For
example, if the data rate of the TM signal is greater than that
of the QAM signal, data flow splitter 402 can apportion a
greater portion of the data from data stream 404 to data
stream 202a which is sent to the TM signal processing
components of TM transmitter 400. TM transmitter 400 may
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thus increase the data throughput of a single data link by
applying the increase in data throughput gained by the
combined TM/QAM signal to a single data stream 404.

In some implementations, data flow splitter 402 can be
dynamically controlled to adjust the apportionment of data
between the TM and QAM signals. For example, if trans-
mitter 400 changes symbol constellation of one or both of
the modulation signals due to channel conditions, TM trans-
mitter 400 can adjust the apportionment of data between the
TM and QAM signals to account for the corresponding
changes in data rate. In some implementations, the data flow
splitter 402 can adjust the apportionment of data between the
TM and QAM signals on each symbol in order to provide
improved performance. For example, the data flow splitter
402 can adjust the apportionment of data between the TM
and QAM signals on each symbol to perform forward error
correction (FEC) interleaving which may provide a reduc-
tion of data stream bit errors due to noise.

FIG. 11 depicts a block diagram of another representative
TM transmitter 1100 in accordance with implementations of
the present disclosure. Like TM transmitters 104 and 400,
TM transmitter 1100 is an integrated TM transmitter. That is,
TM transmitter 104 is integrated with non-TM transmitter
components. TM transmitter 1100 can be implemented in
hardware (e.g., as integrated circuits, chip-sets, application
specific integrated circuits (ASIC) or field programmable
logic arrays (FPGA)) or in software (e.g., as a software
defined radio (SDR)). For simplicity of discussion, TM
transmitter 1100 is illustrated and described in the context of
combining a TM signal with a QAM signal. However, TM
transmitter 1100 may be configured to combine TM with
other non-TM modulation types including, but not limited
to, AM, FM, PM, QPSK, APSK, DPSK, or FSK.

TM transmitter 1100 differs slightly from TM transmitters
104 and 400 in that it performing a similar type of internal
TM modulation but combining the TM signals with the
non-TM signal in the frequency domain rather than in the
time domain. TM transmitter 1100 exploits the frequency
spectrums of the non-TM signal and the TM signal to place
a different TM-signal at each of the upper and lower
sideband of the non-TM signal. For example, TM transmit-
ter 1100 can employ frequency domain techniques to insert
two different TM signals into sidebands of the non-TM
signal’s frequency spectrum, a TM modulation technique
that may be referred to as “independent sideband TM.”

For example, as a whole, TM transmitter 1100 separately
generates, at baseband, a non-TM signal S0 and one or more
TM sideband signals S1, S2. Each of the signals S0-S2 are
generated based on respective input data signals A0-A2.
That is, each of the signals S0-S2 is modulated to carry
transmit its respective data signal A0-A2. In some examples,
the data signals A0-A2 can each be portions of common
signal (e.g., one common data signal such as a video split
into separate portions for transmission). In some examples,
one or all of the data signals A0-A2 can be independent from
each other (e.g., A0 may be video data, A1 may be voice
data, and A2 may be a data file). Each of the TM signals (S1,
S2) can be generated as complex modulation signals (e.g.,
modulated in both amplitude and phase), similar to the
internal TM modulation signal described above in reference
to TM transmitters 104 and 400. However, instead of
performing the internal modulation in the time domain the
“independent sideband TM” signals (S1, S2) are shaped,
e.g., by filtering, to fit within nulls of the frequency spectrum
of'the non-TM signal S0. As described in more detail below,
the frequency spectrum (e.g., bandwidth) of the non-TM
signal SO can be shaped (e.g., filtered) to fit a defined by a
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spectral mask associated with a particular communication
channel. The TM signals (S1, S2) are frequency shifted to be
placed within the upper and lower nulls of the non-TM
signal’s frequency spectrum. TM signals (S1, S2) are then
combined with the non-TM signal in the frequency domain
to generate the combined output signal. The “independent
sideband TM” signals (S1, S2) can be considered similar to
the internal TM modulation signal of TM transmitters 104
and 400, except that they are combined with the non-TM
signal in the frequency domain rather than in the time
domain by an internal carrier modulator 208. Independent
sideband TM modulation is an extension of internal TM
modulating that allows the TM side band signals to be
independently modulated and carry independent data, rather
than being duplicate copies of one another, as is the case in
internal TM modulation.

TM transmitter 1100 includes several modules, each of
which can be implemented in hardware or software. For
example, each of the modules can be implemented in
hardware as an integrated circuit, a chip-set, an ASIC,
FPGA, as a software module (e.g. one or more code blocks),
or a combination thereof. TM transmitter 1100 includes one
or more independent TM sideband signal generators (TMsb-
SG) 1102 (e.g., an upper TMsb-SG and a lower TMsb-SG),
a non-TM signal generator 1104 (e.g., QAM signal modu-
lator), filters 1106, 1110, 1114, frequency shifters 1112 and
a signal combiner 1116.

The non-TM signal generator 1104 modulates input signal
A0 to generate a non-TM signal SO with which the inde-
pendent sideband TM signal will be combined. The TMsb-
SG 1102 modulate input data signals A1 and A2 to generate
independent upper and lower TM sideband signals S1, S2.
TMsb-SG 1102 can modulate the amplitude, phase, or both
to generate the TM sideband signals. Filters 1106 pre-filter
the TM sideband signals S1, S2 to fit within respective upper
and lower sideband nulls in the frequency spectrum of the
non-TM signal S0. For example, filters 1106 can be finite
input response (FIR) filters or other types of digital filters.
Filter 1110 filters the non-TM signal prior to combination
with the TM sideband signals S1, S2. For example, filter
1110 can be spectral mask filter. Filter 1110 can be a FIR
filter or other type of digital filter. Frequency shifters 1112
shift the TM sideband signals S1, S2 in the frequency
domain from baseband to the respective upper and lower
sideband nulls of the non-TM signal S0. For example,
frequency shifters 1112 can be mixers configured to hetero-
dyne the TM sideband signals S1, S2 up (down) in frequency
to align with a null in the spectrum of the non-TM signal S0.
Filters 1114 can be used to filter the TM sideband signals S1,
S2 prior to combination with the non-TM signal S0. For
example, filters 1114 can be configured to shape the spec-
trum of the TM sideband signals S1, S2 to fit appropriately
within their respective nulls of the non-TM signal S0. For
example, filters 1114 can be FIR filters or other types of
digital filters. Signal combiner 1116 combines the TM
sideband signals S1, S2 with the non-TM signal SO to
provide the combined output signal. The combined output
signal can then be converted from digital to analog (DAC).
The combined signal is up-converted from baseband to a
common carrier frequency for transmission. In some imple-
mentations, the transmitter can implement mathematical
transforms such as an FFT to add the TM sideband signals
S, S2 to the non-TM signal S0 and convert the combined
signal back to time domain for output to the DAC.

In more detail, first, the frequency spectrum of a com-
bined TM and QAM signal is explained. As discussed above,
the combined signal can be represented by: V.., (1)=Q(t)
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, where @, (t)=¢, sin(w,t+0,) is the complex
internal TM signal (e.g., a “TM-QAM signal”). This equa-
tion can be rewritten as a sum of QAM and TM symbol
frames (N) as follows:

QU+ DI(2)

) = Z |Qn|e(”‘" +ify sin(w(r—NTF+9N)))h([ —NTp),
N

where 1Q,| and W, are the magnitude and phase, respec-
tively, of the N-th QAM symbol; f,, is the TM modulation
index (replacing g, as used above), and may also be referred
to as the complex TM amplitude; 6, is the TM phase shift;
T is the frame period of both the QAM and TM signals; w
the internal TM signal frequency; and h(t-NTj) represents
a window function of length T, that corresponds to each
frame N of the signal.  is selected as w=2m/T. so that
sinusoidal phase modulation of TM has exactly one period
within the frame interval, T.

The QAM amplitude and phase terms can be factored out
as a complex multiplicative term to the complex exponen-
tial; the latter term can be expanded in terms of a Fourier-
Bessel Series using the following two identities:

cos(z sin a)=J,(2)+2%;_,"Jox(z)cos(2kar); and

sin(z sin a)=2%,_,"Jo(2)sin(2ka).

From the above identities, and using FEuler’s identity,
e’“=cos(a)+i sin(a), the following approximate result is
readily shown to be valid for small modulation index
(B): P " D=]_(B)+],(B)e =T, (P)e*¥+(higher order Bessel
functions). The higher order Bessel function terms are
ignorable. Here the J,(f) and J,(p) are the regular Bessel
Functions of order 0 and 1, respectively. A typical value for
p is <<I. To illustrate the behavior of the Bessel functions,
a plot 1200 of several Bessel functions of integer order vs.
[ are presented FIG. 12. For small values of R<<1, it can be
seen that the value of J,(f}) is unaffected by the value of
and remains near unity, while the value of J,(f}) is essentially
linear with 8. These conclusions are reinforced by the small
argument Taylor Series expansion for integer order (v)
Bessel Functions: J (z)=(#/2)" 2, (-z/4)* [k! T(v+k+1)]™ .

Here the summation index k runs from O to infinity, and
the Gamma function for integer order is as follows: I'(n)=
(n-1)!, where 0!=1!=1. For order 0, we compute a value for
the Bessel function J,(z) of approximately 1, and for the
Bessel function of order 1, we compute a value of /2,
proportional to 3. Therefore, if we modulate § as f~f0+93p,
the amplitude of the J, term will follow 3f linearly.

To summarize, the TM phase is modulated similar to a
QAM phase for the TM modulation and the magnitude of the
TM modulation index { (also referred to as & above) in order
to carry the amplitude of the TM modulation in a manner
similar to QAM modulation. The QAM signal is generated
at baseband, while the TM signal can be redundantly carried
on both the upper and lower sidebands of the QAM signal
with orthogonal frequency spacing, which provides trans-
parency. The frequency locations of the J, and higher terms
turn out to correspond to sidebands at the orthogonal fre-
quency spacing [0, (+/-) 1/T], which are similar to the
spacing used in Orthogonal Frequency Division Multiplex-
ing (OFDM). In practice, TM modulations places the TM
information into sidebands that are located at the frequency
nulls of the baseband-QAM spectrum. The TM+baseband-
QAM combined signal is therefore utilizing spectrum that is
unused by the original baseband-QAM signal.
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An important difference between this approximation to
the TM+baseband-QAM signal and conventional OFDM,
however, is the large difference in the relative band ampli-
tudes. The sidebands that carry the TM signal have much
smaller amplitudes than that of the QAM baseband signal.
However, a three-frequency OFDM signal, each carrying
QAM data, would have sidebands with similar frequency
spacing to the TM+baseband-QAM signal, but the OFDM
“sidebands” would have sideband amplitudes equal to the
baseband-QAM signal. Therefore, with amplitudes for each
modulated frequency, the combined signal spectrum of the
combined OFDM signals would occupy much greater band-
width than the TM+baseband-QAM signal. Thus, from a
spectral efficiency point of view, the TM+baseband-QAM
modulation is much more spectrally efficient. It is also worth
noting that the analysis above demonstrates that only the
first two terms of the Bessel-Fourier expansion are needed in
order to get a very good approximation to “ideal” TM.
Another advantage of TM over OFDM is that TM has a
much lower peak to average power ratio in the time domain
signal than OFDM. OFDM’s greater peak to average power
ratio can be problematic for OFDM radio design as it
generally requires a power amplifier with a relatively high
dynamic range. The lower peak to average power ratio of
TM, relative to OFDM, alleviates this problem as TM radios
(e.g., transmitters/receivers) can be designed with power
amplifiers having a lower dynamic range.

Furthermore, in some implementations, the upper and
lower sidebands which carry the TM-QAM signal, can be
adjusted in amplitude in order to fit into what may be a rather
severe spectral “mask” of the non-TM signal (e.g., QAM) by
varying the value of (0.

Referring back to FIG. 11, the transmitter 1100 employs
a TM modulation process that produces independent TM
sidebands, which may reduce the redundancy of having two
identical TM sidebands. For example, the transmitter 1100
generates two separate TM signals each carrying different
data streams. The TM signals can be generated as complex
signals (e.g., similar to a QAM signal). For example, a lower
sideband complex TM signal is generated at baseband from
a first data signal, and an upper sideband complex TM signal
is generated at baseband from a second data signal. Each
separate TM signal can be filtered. For example, the TM
signals can be filtered to fit within a spectral mask of the
non-TM signal (e.g., a QAM signal). The non-TM signal
(e.g., the QAM signal) is also generated at baseband. The
two TM signals are then shifted in frequency (e.g., hetero-
dyned) to the upper and lower the nulls in the upper and
lower sideband spectrum of the non-TM signal (e.g., QAM
signal). Redundant sidebands of the TM signals can be
removed by filtering the frequency shifted signals before
they are combined (e.g., summed) with the non-TM (e.g.,
QAM signal).

In FIG. 11 the three separate baseband signals are labeled
as follows: S0, Band 0=Baseband QAM signal; S1, Band
1=Lower TM signal; S2 Band 2=Upper TM signal. The
independent TM side band technique improves upon the
internal TM modulation techniques described above by
making even more efficient use of signal spectrum. For
example, there is no reason to carry two sidebands of TM
with redundant information. All three frequency bands
(QAM, upper and lower TM signals) can be independently
modulated with separate information in order to create a
combined signal that is a true TM variant. This variant we
refer to as independent-sideband TM plus QAM modulation.
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The independent sideband approach achieves a higher data
rate than the double sideband internal TM modulation dis-
cussed above.

In some implementations, the two TM signals can be
independently filtered and spectrally shaped, in order to
better fit any reasonable spectrum mask of the non-TM
QAM signal. In some implementations, the frequencies for
orthogonal spacing are not exactly the same as needed for
correct TM signal spacing; a correct spacing may place each
of the sidebands on the null of the spectral response of the
filtered Baseband-QAM signal. For instance, in some imple-
mentations the sidebands are positioned slightly offset from
the nulls in the non-TM signal. Doing so may provide a more
precise fit to the spectral mask, allow more adaptability to
fixed clock rates in the radio (e.g., reducing constraints on
the radio’s clock tree), help to simplify FPGA gate layout, or
a combination thereof.

A simplified analysis can establish the relative advantage
of the TM+baseband-QAM relative to baseband-QAM
alone. An understanding of the how much extra information
might theoretically be added to a signal with two indepen-
dently modulated TM sidebands can be arrived at by con-
sidering Shannon’s ideal Channel Capacity result. Shan-
non’s formula for ideal Channel capacity for a bandlimited
signal in additive white Gaussian noise (AWGN) is as
follows: C=W log, (1+P¢/P,) (in bits/sec), where C is the
channel capacity in bits/sec, W is the bandwidth in Hz, and
P, P, are the in-band noise powers, so P¢/P, is the signal to
noise power ratio, SNR,. If we divide the Channel Capacity
C by the bandwidth, W, we obtain Shannon’s theoretical
limit on spectral efficiency: SE=log, (1+P¢/P,), bits/sec/Hz

When SNR. is large, e.g. ~10,000, (40 dB SNR), a very
large increase in power is required to achieve a significant
increase in spectral efficiency. Continuing on with this
thread, the theoretical maximum spectral efficiency for a 40
dB SNR baseband signal is given by the following expres-
sion: C=log, (10,000)=13.29 bps/Hz.

In this regime the capacity grows logarithmically with
power, but the capacity grows linearly with bandwidth. On
the other hand, a single 10 dB SNR sideband can theoreti-
cally carry log, (10)=3.32 bps/Hz, so that two of these, when
combined with the original 40 dB SNR signal (assuming
100% transparency) could theoretically carry 2x3.32 bps/
Hz+13.29 bps/Hz, or ~19.9 bps/Hz. The 10 dB SNR side-
bands are 30 dB down from the original 40 dB SNR signal,
so that the required power to add the extra information is
only 1.002 times the original power required (0.0087 dB),
for a theoretical information gain about a 50% increase in
capacity, and with essentially no change in “bandwidth” as
it is typically measured.

Aspects of the previously described TM transmitters 104,
400 can, optionally, be incorporated in into TM transmitter
1100. For instance, although not shown, TM transmitter
1100 can include the flow splitter 402 of transmitter 400 to
split a single input data signal between the non-TM signal
and the two upper and lower sideband TM signals. In some
implementations, the flow splitter 402 can be arranged to
split a common input data single between the upper and
lower sideband TM signals, while using the non-TM signal
to transmit a different, unrelated data signal (e.g., similar to
the process illustrated by TM transmitter 104).

FIG. 5 depicts a block diagram of a representative TM
signal receiver 106 in accordance with implementations of
the present disclosure. TM receiver 106 is an integrated TM
receiver. That is, TM receiver 106 is integrated with non-TM
transmitter components. TM receiver 106 can be imple-
mented in hardware (e.g., as integrated circuits, chip-sets,
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application specific integrated circuits (ASIC) or field pro-
grammable logic arrays (FPGA)) or in software (e.g., as a
software defined radio (SDR)). TM receiver 106 includes
several component modules which are described in more
detail below.

For simplicity of discussion, TM receiver 106 is illus-
trated and described in the context of receiving a combining
TM and QAM signal. However, TM receiver 106 may be
configured to receive TM signals combined with other
non-TM modulation types including, but not limited to, AM,
FM, PM, QPSK, APSK, DPSK, or FSK. That is, for
example, in some implementations, QAM components 510
and 512 may be replaced by or supplemented with corre-
sponding modulation components for performing PSK
demodulation. In some implementation, for example, TM
receiver 106 can include multiple sets of non-TM modula-
tion components. TM receiver 106 can configured to select
between receiving TM signals with any of the configured
non-TM types of modulation. For example, a processor can
be used to select between several non-TM signal types
which may be combined with a TM signal.

As a whole, TM receiver 106 receives combined signal
(e.g., Voms) that includes a carrier signal modulated with
both a TM signal and a QAM signal. TM receiver 106
demodulates the QAM signal. TM receiver 106 can deter-
mine average values of the QAM signal over the QAM
symbol frames and demodulate the QAM signal using the
average values. TM receiver 106 removes the QAM modu-
lation from the combined signal. TM receiver 106 uses the
QAM symbol values to remove the QAM modulation from
the combined signal, thereby, leaving only the TM signal.
TM receiver 106 demodulates the TM signal. TM receiver
106 can demodulate the TM signal by extracting the TM
signal (e.g., the internal TM modulation signal) from the
phase of the carrier signal. TM receiver 106 identifies the
TM symbols by detecting the discrete phase shifts in the TM
signal to demodulate the TM signal. For example, TM
receiver 106 can compare the TM signal to a reference
sinusoid to detect the phase shifts in the TM signal.

In more detail, TM receiver 106 includes several modules,
each of which can be implemented in hardware or software.
For example, each of the modules can be implemented in
hardware as an integrated circuit, a chip-set, an ASIC,
FPGA, as a software module (e.g. one or more code blocks),
or a combination thereof. TM receiver 106 includes an
analog-to-digital converter (ADC) 502, a filter 504, a frame-
averaged signal estimator (FASE) 506, a frame synchronizer
508, a QAM demodulator 510, a signal delay buffer 512, a
TM signal separator 514, a TM demodulator 516, and,
optionally, an IF downconverter 530.

TM receiver 106 receives a combined signal
(Voo (O=Q(0) A ¥ Py Ty some implementations,
TM receiver 106 shifts the combined signal to an interme-
diate frequency (IF), for example, using IF downconverter
530. In some implementations, TM receiver 106 downshifts
the combined signal to baseband. TM receiver 106 can
downshift the combined signal to baseband by multiplying
the combined signal with an unmodulated sinusoid at the
carrier frequency and filtering the combined signal to
remove higher order harmonics.

The combined signal is converted from an analog signal
to a digital signal by ADC 502 and filtered by filter 504.
Filter 504 is a receive filter that filters the combined signal,
for example, to remove noise and other extraneous signals.
For example, filter 504 can be a band pass filter that matches
the pass-band of the transmission channel.
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TM receiver 106 supplies the combined signal to signal
delay buffer 512 and FASE 506. FASE 506 receives the
filtered combined signal. Furthermore, for the n-th QAM
symbol frame the combined signal can be written as
Veomp. n=1Q,lA e FrH P In some implementations, TM
receiver 104 can determine a channel gain by using a known
calibration signal. TM receiver 104 can the amplify the
combined signal so that the amplitude, A, can be set to 1,
leaving V., ,=1Q,let ¥~®n4D) PASE 506 may receive
data indicating the beginning and end of each QAM frame
from frame synchronizer 508. For example, the frame syn-
chronizer 508 can detect the edges of the QAM frames and
provide appropriate timing signals to the FASE 506.

FASE 506 determines average values of the combined
signal over each QAM symbol frame to recover the QAM
symbol value of each QAM frame of the combined signal.
The QAM symbols in the combined signal have a constant
complex value over each symbol period. Moreover, as
discussed above, the phase variations caused by the TM
modulation average out over each symbol QAM. FASE 506
can recover the QAM symbol values by determining time
averaged values of the combined signal over the QAM
symbol frames. For example, FASE 506 can determine the
QAM symbol amplitude by determining the mean of the
absolute value of the combined signal, mathematically
1Q,,[=<IV .ops_nI>, Where the angle brackets < > indicate a
time average over the n-th QAM frame. In some implemen-
tations, the FASE 506 can perform a weighted time average
of the combined signal. For example, the time average for
each symbol can be weighted based on the respective
modulation strengths of the TM signal and the QAM signal.

FASE 506 can determine the QAM symbol phase by
taking the arc tangent of the real and imaginary parts of the
combined signal; mathematically W, =<arctan
(Imag{V_, ., .}, Re{V_(comb._n)})> where the angle
brackets < > indicate a time average over the n-th QAM
frame, and where arctan( ) represents the four-quadrant
arc-tangent function. For example, FIG. 6 shows a graph 600
illustrating a representation of the phase of the combined
signal over several QAM symbol frames. The instantaneous
phase of the combined signal is shown as dashed line 602.
The time averaged QAM phase is shown as solid line 604.
As discussed above, the internal TM modulation cause the
phase of the combined signal to oscillate, however, the
oscillations will average out to zero over each QAM symbol
frame, thus, making the TM signal transparent to the QAM
signal.

FASE 506 outputs the recovered QAM symbol values to
the QAM demodulator and TM signal separator 514. QAM
demodulator 510 converts the QAM symbol values to cor-
responding digital data. QAM demodulator 510 outputs the
digital data stream 5205 that is received from the QAM
portion of the combined signal. Data stream 5205 corre-
sponds to the input to TM transmitter 104; data stream 2025
described above. In some implementations, TM receiver 106
can split a complex combined signal into in-phase and
quadrature phase signals. FASE 506 can perform similar
operations for each of the in-phase and quadrature phase
signals to obtain average QAM signal magnitude and phase.

In some implementations, the FASE 506 can use an
envelope detector to extract the amplitude of the QAM
symbols. The FASE 506 can determine the magnitude of
each QAM signal using the extracted amplitude.

TM signal separator 514 separates the QAM signal from
the combined signal to obtain the TM modulated carrier
signal. TM signal separator 514 receives the combined
signal from signal delay buffer 512 and recovered QAM
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symbol values from FASE 506. Signal delay buffer 512
delays the combined signal by an appropriate amount of
time such that the QAM symbol values that are recovered by
FASE 506 are matched with the corresponding QAM sym-
bol frame of the combined signal, e.g., the n-th QAM
symbol is matched to the n-th QAM frame of the combined
signal. TM signal separator 514 removes the QAM modu-
lation from the combined signal using the recovered QAM
symbol value. For example, TM signal separator 514 can
divide out the QAM symbol value from each respective
frame of the combined signal, yielding the TM modulated
carrier. For example, the operation of the TM signal sepa-
rator 514, for the n-th QAM symbol frame, can be repre-
sented by:

|Qn|Ae(W” +O7ps (1)

_ = A PTM @)
10, e ‘

Vrm O frame =

TM demodulator 516 receives the TM modulated carrier
signal from TM signal separator 514 and demodulates the
TM signal to obtain digital data in data stream 520q. Data
stream 520a corresponds to the input to TM transmitter 104;
data stream 202a described above. TM demodulator 516
extracts the TM signal from the TM modulated carrier
signal. TM demodulator 516 detects the discrete phase shifts
in the TM signal to determine the TM symbol values. TM
demodulator 516 converts the TM symbol values to corre-
sponding digital data in data stream 520a.

For example, FIG. 7 depicts a block diagram of a repre-
sentative TM signal demodulator 516. TM demodulator 516
can include a phase extractor 702, a phase shift detector 704,
and a symbol demapper 706. Phase extractor 702 extracts
the TM signal from the phase of the TM modulated carrier
signal. For example, the phase extractor 702 can convert
complex data received from the TM signal separator 516 to
phase data.

Phase shift detector 704 detects the discrete phase shifts
in the TM signal that represent the TM symbols. For
example, phase shift detector 704 can detect the discrete
phase shifts in the TM signal by cross-correlating the TM
signal with a reference sinusoid. For example, if the sinusoid
signal (e.g., signal A) used by the transmitter 104 to generate
the internal TM signal is synchronized with the QAM
symbols (as discussed above), TM demodulator 516 can
synchronize the reference sinusoid with the QAM symbols
to approximate the sinusoidal signal (signal A). Phase shift
detector 704 provides the detected phase shift values to
symbol demapper 706, which converts the phase shift values
(e.g., TM symbol values) to corresponding digital data
values. Phase shift detector 704 outputs the digital data
stream 520q that is received from the TM portion of the
combined signal.

In some implementations, transmitter 104 can transmit a
pre-determined TM synchronization signal. For example, a
pre-determined synchronization signal can include a pre-
determined set of TM symbols. TM demodulator 516 can
use the synchronization signal to synchronize the reference
signal with the sinusoidal signal used by the transmitter. For
example, TM demodulator can adjust the phase of the
reference signal to produce the correct TM data symbols
from the synchronization signal.

In some implementations, phase shift detector 704 can
detect the discrete phase shifts in the TM signal by cross-
correlating the TM signal with reference sine and cosine
waves (e.g., two sinusoidal reference signals with a 90-de-
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gree phase difference between them). The phase shift can be
determined by finding the arctangent of the ration between
cross-correlation with the sine reference wave and the cosine
reference wave.

In some implementations, TM demodulator 704 includes
an amplitude shift detector to detect variations in the modu-
lation index of the internal TM signal that represent TM data
symbols. For example, an amplitude shift detection can
detect amplitude levels in the TM signal in a manner similar
to detecting amplitude levels in QAM symbols. Combined
amplitude and phase shift values of the TM symbols can be
converted to digital data by symbol demapper 706.

FIG. 8 depicts a block diagram of another representative
TM receiver 800 in accordance with implementations of the
present disclosure. TM receiver 800 is similar in operation
to receiver 106. However, instead of receiving two indepen-
dent data streams (e.g., data streams 520a and 5205), one as
a TM signal and another as a QAM signal, TM receiver 800
receives one data stream 804 transmitted as a first portion
520a by a TM signal and a second portion 5205 by a QAM
signal. TM receiver 800 includes a data flow combiner 802
that combines the respective recovered data streams 520a
and 52056 into an output data stream 804 that, for example,
corresponds to input data stream 404 of FIG. 4. Data flow
combiner 802 can re-combine the recovered data streams
520a, 5205 based on the individual data rates of the TM and
QAM signals.

In some implementations, data flow combiner 802 can be
dynamically controlled to account for changes in data rate of
the TM and QAM signals. For example, if transmitter 400
changes symbol constellation of one or both of the modu-
lation signals due to channel conditions, TM receiver 800
can adjust data flow combiner 802 to account for changes in
apportionment of data between the TM and QAM signals in
order to properly recombine data streams 520a and 5205.
For example, TM transmitter 400 may send a synchroniza-
tion data to receiver 800 when the apportionment between
the TM and QAM signals is changed in order to permit
receiver 800 to properly control data flow combiner 802.

FIG. 14 depicts a block diagram of another representative
TM receiver 1400 in accordance with implementations of
the present disclosure. The receiver 1400 uses separate
parallel bands to demodulate the non-TM QAM signal and
the two independent upper and lower TM signals. As in
reference to FIG. 11, the three separate signals are labeled as
follows: S0, Band 0=Baseband QAM signal; S1, Band
1=Lower TM signal; S2 Band 2=Upper TM signal. Each of
the independent band is separated (e.g., by filtering). Then,
each band is separately translated to baseband for demodu-
lation. After frame alignment (timing recovery) and channel
gain recovery is made (this is based on the base-band QAM
signal), for each band, vectors of data are formed from
samples collected from multiple frames (e.g., 6 frames) of
data. For example, the length of a vector may be (6x64)=384
samples. For each vector, one complex symbol is recovered
by performing a dot product between the coefficient vector
(length 384) with the complex vector samples as shown in
the figure. The use of a 6-frame processing interval helps in
mitigating the effects of convolutional filtering within the
signal chain. The process is then repeated by shifting the
6-frame block of data by one frame (e.g., shifting by 64
sample points).

FIG. 9 depicts an example process 900 for modulating a
carrier signal. Process 900 can be performed by a transmitter
such as transmitter 104 of FIG. 2 or transmitter 400 of FIG.
4. In some examples, the example process 900 can be
provided as computer-executable instructions executed
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using one or more processing devices (e.g., a digital signal
processor) or communication devices (e.g., communication
devices 102 of FIG. 1). In some examples, the process 900
may be hardwired electrical circuitry, for example, as an
ASIC or an FPGA device. In some examples, the process
900 may be executed by an SDR.

A transmitter generates a TM signal (902). For example,
the transmitter can generate a TM signal by generating a
sinusoidal signal (902a), and modulating a phase of the
sinusoidal signal (9024). The transmitter can generate the
sinusoidal signal to have a frequency that is related to the
symbol rate of a non-TM signal, the frequency of a carrier
signal, or a combination thereof. For example, the transmit-
ter can generate the sinusoidal signal to have a frequency
that is an integer multiple of the symbol rate of a non-TM
signal with which the TM signal will be combined. The
transmitter can generate the sinusoidal signal to have a
frequency that is a harmonic of the carrier signal. In some
implementations, the transmitter can generate the sinusoidal
signal be synchronized with the phase of the carrier signal.

The transmitter can modulate the phase of the sinusoidal
signal based on an input data signal. For example, the
transmitter can apply discrete phase shifts to the sinusoidal
signal that represent digital data of the input data signal. The
transmitter can shift the phase of the sinusoidal signal by a
discrete phase shift for each data value in the data signal. In
other word, the discrete phase shifts can represent TM
symbols that correspond to combinations of digital data. For
example, an N-ary TM signal can represent N-bits of data in
a constellation of 2% TM symbols (e.g., 2" different discrete
phase shift values).

The transmitter applies the TM signal to the carrier signal
to provide a TM modulated carrier signal (904). For
example, the transmitter inserts the TM signal into the phase
of a carrier signal to provide a TM modulated carrier signal.
For example, the transmitter can add the TM signal to the
phase of the carrier signal. In some implementations, the
transmitter can insert the TM signal into the frequency of the
carrier signal to provide the TM modulated carrier signal. In
some implementations, the carrier signal may be a complex
carrier.

The transmitter modulates the TM modulated carrier
signal with a non-TM signal to provide a combined signal
(906), and transmits the combined signal (908). The non-TM
signal can include, but is not limited to, a QAM signal, an
AM signal, an FM signal, or a PM signal. For example, the
transmitter modulate the TM modulated carrier with a QAM
signal based on a second input data signal. The second input
data signal can be independent from the first input data
signal used to produce the TM signal. In some implemen-
tations, the transmitter can split an input data signal such that
a portion of the input data signal is transmitted as a TM
signal and another portion of the input data signal is trans-
mitted as a non-TM signal (e.g., a QAM signal).

In some examples, the TM symbol period is timed to
correspond with an integer multiple of the period of the
sinusoidal signal. In other words, the TM symbol period may
be timed to include an integer number of cycles of the
sinusoidal signal.

In some examples, the TM symbol period is related to the
symbol period of the non-TM signal. For example, the TM
symbol period can be an integer multiple of the symbol
period of the non-TM signal. The symbol period of the
non-TM signal can be an integer multiple of the symbol
period of the TM symbol period.

In some implementations, the transmitter filters the com-
bined signal before transmission. For example, the trans-
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mitter may filter the combined signal with a band pass filter
to shape symbols of the non-TM signal to meet constraints
of a particular transmission channel or transmission
medium.

In some examples, the TM modulated carrier signal may
not be subsequently modulated with a non-TM signal. In
other words, the TM signal can be generated and transmitted
alone, without being combined with a non-TM signal.

In some implementations, the carrier signal is modulated
with the non-TM signal before applying the TM signal to the
carrier. For example, the transmitter can insert the TM signal
into the phase of the carrier after the carrier signal is
modulated with the non-TM signal.

In some examples, the TM modulated carrier signal may
not be subsequently modulated with a non-TM signal. In
other words, the TM signal can be generated and transmitted
alone, without being combined with a non-TM signal.

FIG. 13 depicts an example process 1300 for producing
independent TM signals as sidebands to a non-TM signal
that can be executed in accordance with implementations of
the present disclosure. For example, process 1300 can be
executed by transmitter 1100. In some examples, the
example process 1300 can be provided as computer-execut-
able instructions executed using one or more processing
devices (e.g., a digital signal processor) or communication
devices (e.g., communication devices 102 of FIG. 1). In
some examples, the process 1300 may be hardwired elec-
trical circuitry, for example, as an ASIC or an FPGA device.
In some examples, the process 1300 may be executed by an
SDR.

The transmitter generates a non-TM signal from a first
input data signal (1302). For example, the transmitter can
modulate the first data signal using modulation including,
but not limited to, FM, PM, AM, or QAM. The non-TM
signal has a frequency spectrum that occupies a given
bandwidth. For example, the bandwidth of the non-TM
signal is defined by a spectral mask (e.g., a spectral mask of
a given communication channel in which the signal will be
transmitted). In some examples, the bandwidth of the non-
TM signal can be defined by power spectrum of the non-TM
signal. For example, the bandwidth can be defined by the 3
dB frequencies of the non-TM signal.

The transmitter generates one or more TM sideband
signals (1304). For example, the transmitter can generate a
first TM sideband signal (e.g., the upper TM sideband
signal) by generating a first modulation signal from a second
input data signal (1304q) to provide a first TM sideband
signal. In some examples, the transmitter can generate the
first TM sideband signal using simple modulation. For
example, the transmitter modulate only one of the phase or
amplitude of the TM sideband signal. In some examples, the
transmitter can generate the first TM sideband signal using
complex modulation. For example, the transmitter modulate
both the phase an amplitude of the first modulation signal to
provide the first TM sideband signal as a complex modula-
tion signal. The transmitter shifts the first TM sideband
signal in frequency to an upper sideband in the frequency
spectrum of the non-TM signal (13045). For example, the
transmitter shifts the first TM sideband signal to a frequency
which lies within the bandwidth of the non-TM signal to
provide the first TM signal. The power of the first TM
sideband signal is less than a power of the non-TM signal.
The transmitter can repeat the process of steps 1304 to
generating a second TM signal (e.g., a lower TM sideband
signal). For example, the transmitter can generate a second
modulation signal from a third input data signal to provide
a first TM sideband signal. The transmitter shifts the second
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TM sideband signal in frequency to a lower sideband in the
frequency spectrum of the non-TM signal. For example, the
transmitter shifts the second TM sideband signal to a fre-
quency which lies within the bandwidth of the non-TM
signal to provide the second TM signal. The power of the
second TM sideband signal is less than a power of the
non-TM signal. In some implementations, the power of the
first (second) TM signal is at least 3 dB less than the power
of the non-TM signal. In some implementations, the power
of'the first (second) TM signal is at least 20 dB less than the
power of the non-TM signal. In some implementations, a
symbol constellation of the non-TM signal is larger than a
symbol constellation of the first (second) TM signal. In some
implementations, the non-TM signal, the first TM signal,
and the second TM signal have the same symbol frame rate.

The transmitter combines the non-TM signal with the first
TM signal and the second TM signal on a common carrier
signal to provide a combined signal (1306). The transmitter
transmits the combined signal (1308). For example, the
transmitter can sum non-TM signal with the first TM signal
and the second TM signal. The transmitter can convert the
combined signal from digital to analog and shift the com-
bined signal from baseband to a common carrier frequency
for transmission. In some implementations, a bandwidth of
the combined signal is approximately the same as the
bandwidth of the non-TM signal with the spectrum of the
combined signal lying within a spectral mask of non-TM
signal. In some implementations, a spectral efficiency of the
combined signal is greater than 14 bps/Hz, for a 40 dB SNR
of the non-TM signal.

In some implementations, generating the first TM signal
includes filtering the first TM sideband signal to shape a
spectrum of the first TM sideband signal based on spectral
mask of the non-TM signal. In some implementations,
generating the second TM signal includes filtering the sec-
ond TM sideband signal to shape a spectrum of the second
TM sideband signal based on spectral mask of the non-TM
signal. In some implementations, the filtering of the first
(second) TM sideband signal shapes the first (second) TM
sideband signal to correspond to spectral mask of the
non-TM signal.

In some implementations, shifting the first TM sideband
signal in frequency to the upper sideband in the frequency
spectrum of the non-TM signal places the first TM signal at
an upper frequency spacing that is approximately orthogonal
to the non-TM signal, and shifting the second TM sideband
signal in frequency to the lower sideband in the frequency
spectrum of the non-TM signal places the first TM signal at
a lower frequency spacing that is approximately orthogonal
to the non-TM signal.

FIG. 10 depicts an example process 1000 for demodulat-
ing a carrier signal. Process 1000 can be performed by a
receiver such as receiver 106 of FIG. 5 or receiver 800 of
FIG. 8. In some examples, the example process 1000 can be
provided as computer-executable instructions executed
using one or more processing devices (e.g., a digital signal
processor) or communication devices (e.g., communication
devices 102 of FIG. 1). In some examples, the process 1000
may be hardwired electrical circuitry, for example, as an
ASIC or an FPGA device. In some examples, the process
1000 may be executed by an SDR.

A receiver, receives a combined signal that includes a
carrier signal modulate with a transpositional modulating
(TM) signal and a non-TM signal (1002). The receiver
determines average values of the combined signal over
respective symbol frames of the non-TM signal (1004). For
example, the receiver can determine time-averaged values of
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the combined signal for each symbol frame of the non-TM
signal. The time-averaged values can include a time-aver-
aged amplitude and a time-averaged phase of the combined
signal over the symbol frame of the non-TM signal. For
example, any effects of the TM signal on the non-TM signal
may average out over each symbol frame of the non-TM
signal.

The receiver demodulates the non-TM signal based on the
average values (1006). The receiver demodulates the non-
TM signal to recover the symbols of the non-TM signal. The
receiver can then convert the recovered symbols of the
non-TM signal to corresponding digital data values and
recover a data stream transmitted in the non-TM signal.

The receiver removes the non-TM signal from the com-
bined signal (1008). For example, the receiver can buffer a
copy of the combined signal and use the recovered symbol
values of the non-TM signal to remove the non-TM signal
from respective frames of the buffered copy of the combined
signal. For example, the receiver can divide respective
frames of the buffered copy of the combined signal by the
magnitude and phase of corresponding ones of the recovered
non-TM symbols.

The receiver demodulates the TM signal (1010). For
example, the receiver can demodulate the TM signal by
detecting the discrete phase shifts of a sinusoidal signal
inserted into the phase of the carrier. The receiver can extract
the phase of the TM modulated carrier signal to obtain the
TM signal. For example, the receiver can convert complex
values of the combined signal into time varying phase data
after the non-TM signal has been removed. The phase data
represents the TM signal as a sinusoidal with discrete phase
shifts. The value of each discrete phase shift represents a TM
symbol that can be converted to a corresponding digital data
value. The receiver can detect the discrete phase shifts by
cross-correlating the phase data with a reference signal. For
example, the reference signal can be synchronized with the
symbol frames of the non-TM signal to approximate the
sinusoidal signal used by the transmitter to generate the
internal TM signal. The receiver can then convert the
recovered TM symbols to corresponding digital data values
to recover a second data stream transmitted in the TM signal.

FIG. 15 depicts an example process 1500 for demodulat-
ing independent TM signals as sidebands to a non-TM signal
that can be executed in accordance with implementations of
the present disclosure. For example, process 1500 can be
executed by receiver 1400. In some examples, the example
process 1500 can be provided as computer-executable
instructions executed using one or more processing devices
(e.g., a digital signal processor) or communication devices
(e.g., communication devices 102 of FIG. 1). In some
examples, the process 1500 may be hardwired electrical
circuitry, for example, as an ASIC or an FPGA device. In
some examples, the process 1500 may be executed by an
SDR.

The receiver receives a combined signal that includes a
carrier signal modulated with a first TM signal, a second TM
signal, and a non-TM signal (1502). For example, the first
TM signal is positioned, in frequency, at an upper sideband
in a frequency spectrum of the non-TM signal, and the
second TM signal positioned, in frequency, at a lower
sideband in the frequency spectrum of the non-TM signal.
The receiver separates the first TM signal, the second TM
signal, and the non-TM (1504). For example, the receiver
can separate the first TM signal, the second TM signal, and
the non-TM signal by separating the first TM signal, the
second TM signal, and the non-TM signal using FIR filters.
The receiver demodulates the non-TM signal (1506).
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For each of the first TM signal and the second TM signal
the receiver shifts the TM signal to baseband (1508), forms
a vector of multiple symbol frames of the TM signal (1510),
and determines a value of a symbol of the TM signal based
on a combination of the vector and a symbol coeflicient
matrix to demodulate the TM signal (1512). For example,
the receiver can determine a value of a symbol of the TM
signal based on a combination of the vector and a symbol
coeflicient matrix by determining a dot-product of the vector
with the symbol coeflicient matrix to obtain the value of the
symbol, and mapping the value of the symbol to a bit pattern
represented by the value. In some implementations, the
vector includes at least six symbol frames of the TM signal.

FIG. 16 depicts an example process 1600 for training a
TM demodulator that can be executed in accordance with
implementations of the present disclosure. For example,
process 1600 can be executed by receiver 1400. For
example, process 1600 can be executed by receiver 1400. In
some examples, the example process 1600 can be provided
as computer-executable instructions executed using one or
more processing devices (e.g., a digital signal processor) or
communication devices (e.g., communication devices 102 of
FIG. 1). In some examples, the process 1600 may be
hardwired electrical circuitry, for example, as an ASIC or an
FPGA device. In some examples, the process 1600 may be
executed by an SDR.

The process 1600 can be used to generate the coeflicient
vector for demodulating the individual band signals. FIG. 17
depicts example matrix operations performed as part of the
process depicted in FIG. 16. During a training sequence
(from either real data or high-fidelity simulation) the known
complex symbols for a particular band are arranged in a
matrix (C) as shown, and similarly, the complex sample data
is arranged in a corresponding fashion. Matrix equations as
indicated in the figure, are developed to solve for coefficients
which, when applied to the training sequence, produce the
correct symbols in a minimum norm/least-squares sense.
The process 1600 can use a pseudo-inverse derived from the
Singular Value Decomposition (SVD). Control of the rank of
the solution can also be applied to mitigate against cases of
near singularity. The method of using SVD to accomplish
the pseudo-inverse is illustrated in the matrix operations
shown in FIG. 17.

The receiver receives a combined signal including a
carrier signal modulated with a TM signal and a non-TM
signal where the TM signal contains pre-defined training
data (1602). For example, the TM signal is positioned, in
frequency, at an upper or lower sideband in a frequency
spectrum of the non-TM signal. The receiver separates the
TM signal and the non-TM signal (1604). For example, the
receiver can separate the TM signal and the non-TM signal
using FIR filtering. The receiver shifts the TM signal to
baseband (1606). The receiver arranges multiple frames of
the TM signal into a received training data matrix (1608).
The receiver determines a symbol coefficient matrix for the
TM signal based on the received training data matrix and a
known (e.g., pre-defined) training data matrix (1601). For
example, the receiver can determine the symbol coeflicient
matrix for the TM signal based on the received training data
matrix and the known training data matrix by determining an
inverse or pseudo-inverse of the received training data
matrix based on a singular value decomposition (SVD) of
the received training data matrix, and multiplying the
pseudo-inverse of the received training data matrix with the
known training data matrix to provide the symbol coefficient
matrix.
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In some implementations, the received training data
matrix includes at least six rows of N frames of the TM
signal, where a first through N-1th frame of the second row
are equal to a second through nth frame of the first row.

Implementations of the subject matter and the operations
described in this specification can be realized in analog or
digital electronic circuitry, or in computer software, firm-
ware, or hardware, including the structures disclosed in this
specification and their structural equivalents, or in combi-
nations of one or more of them. Implementations of the
subject matter described in this specification can be realized
using one or more computer programs, i.e., one or more
modules of computer program instructions, encoded on
computer storage medium for execution by, or to control the
operation of, data processing apparatus. Alternatively or in
addition, the program instructions can be encoded on an
artificially generated propagated signal, e.g., a machine-
generated electrical, optical, or electromagnetic signal that is
generated to encode information for transmission to suitable
receiver apparatus for execution by a data processing appa-
ratus. A computer storage medium can be, or be included in,
a computer-readable storage device, a computer-readable
storage substrate, a random or serial access memory array or
device, or a combination of one or more of them. Moreover,
while a computer storage medium is not a propagated signal;
a computer storage medium can be a source or destination of
computer program instructions encoded in an artificially
generated propagated signal. The computer storage medium
can also be, or be included in, one or more separate physical
components or media (e.g., multiple CDs, disks, or other
storage devices).

The operations described in this specification can be
implemented as operations performed by a data processing
apparatus on data stored on one or more computer-readable
storage devices or received from other sources.

The term “data processing apparatus”™ encompasses all
kinds of apparatus, devices, and machines for processing
data, including by way of example a programmable proces-
sor, a computer, a system on a chip, or multiple ones, or
combinations, of the foregoing. The apparatus can include
special purpose logic circuitry, e.g., an FPGA (field pro-
grammable gate array) or an ASIC (application-specific
integrated circuit). The apparatus can also include, in addi-
tion to hardware, code that creates an execution environment
for the computer program in question, e.g., code that con-
stitutes processor firmware, a protocol stack, a database
management system, an operating system, a cross-platform
runtime environment, a virtual machine, or a combination of
one or more of them. The apparatus and execution environ-
ment can realize various different computing model infra-
structures, such as web services, distributed computing and
grid computing infrastructures.

A computer program (also known as a program, software,
software application, script, or code) can be written in any
form of programming language, including compiled or
interpreted languages, declarative or procedural languages,
and it can be deployed in any form, including as a stand-
alone program or as a module, component, subroutine,
object, or other unit suitable for use in a computing envi-
ronment. A computer program can, but need not, correspond
to a file in a file system. A program can be stored in a portion
of a file that holds other programs or data (e.g., one or more
scripts stored in a markup language document), in a single
file dedicated to the program in question, or in multiple
coordinated files (e.g., files that store one or more modules,
sub-programs, or portions of code). A computer program can
be deployed to be executed on one computer or on multiple
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computers that are located at one site or distributed across
multiple sites and interconnected by a communication net-
work.

The processes and logic flows described in this specifi-
cation can be performed by one or more programmable
processors executing one or more computer programs to
perform actions by operating on input data and generating
output. The processes and logic flows can also be performed
by, and apparatus can also be implemented as, special
purpose logic circuitry, e.g., an FPGA (field programmable
gate array) or an ASIC (application-specific integrated cir-
cuit).

Processors suitable for the execution of a computer pro-
gram include, by way of example, both general and special
purpose microprocessors, and any one or more processors of
any kind of digital computer. Generally, a processor will
receive instructions and data from a read-only memory or a
random access memory or both. Elements of a computer can
include a processor for performing actions in accordance
with instructions and one or more memory devices for
storing instructions and data. Moreover, a computer can be
embedded in another device, e.g., a mobile telephone, a
personal digital assistant (PDA), a mobile audio or video
player, a game console, a Global Positioning System (GPS)
receiver, or a portable storage device (e.g., a universal serial
bus (USB) flash drive), to name just a few. Devices suitable
for storing computer program instructions and data include
all forms of non-volatile memory, media and memory
devices, including by way of example semiconductor
memory devices, e.g., EPROM, EEPROM, and flash
memory devices; magnetic disks, e.g., internal hard disks or
removable disks; magneto-optical disks; and CD-ROM and
DVD-ROM disks. The processor and the memory can be
supplemented by, or incorporated in, special purpose logic
circuitry.

While this specification contains many specific imple-
mentation details, these should not be construed as limita-
tions on the scope of any implementation of the present
disclosure or of what can be claimed, but rather as descrip-
tions of features specific to example implementations. Cer-
tain features that are described in this specification in the
context of separate implementations can also be imple-
mented in combination in a single implementation. Con-
versely, various features that are described in the context of
a single implementation can also be implemented in multiple
implementations separately or in any suitable sub-combina-
tion. Moreover, although features can be described above as
acting in certain combinations and even initially claimed as
such, one or more features from a claimed combination can
in some cases be excised from the combination, and the
claimed combination can be directed to a sub-combination
or variation of a sub-combination.

Similarly, while operations are depicted in the drawings in
a particular order, this should not be understood as requiring
that such operations be performed in the particular order
shown or in sequential order, or that all illustrated operations
be performed, to achieve desirable results. In certain cir-
cumstances, multitasking and parallel processing can be
advantageous. Moreover, the separation of various system
components in the implementations described above should
not be understood as requiring such separation in all imple-
mentations, and it should be understood that the described
program components and systems can generally be inte-
grated together in a single software product or packaged into
multiple software products.

Thus, particular implementations of the subject matter
have been described. Other implementations are within the
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scope of the following claims. In some cases, the actions
recited in the claims can be performed in a different order
and still achieve desirable results. In addition, the processes
depicted in the accompanying figures do not necessarily
require the particular order shown, or sequential order, to
achieve desirable results. In certain implementations, mul-
titasking and parallel processing can be advantageous.

What is claimed is:

1. A method of modulating a carrier signal, the method
comprising:

generating a non-transpositional modulation (non-TM)

signal from a first data signal, the non-TM signal
having a frequency spectrum that occupies a band-
width;

generating a first TM signal by:

generating a first modulation from a second data signal,
and

shifting the first modulation signal in frequency to a
sideband in the frequency spectrum of the non-TM
signal which lies within the bandwidth to provide the
first TM signal;

combining the non-TM signal with the first TM signal on

a common carrier signal to provide a combined signal;
and

transmitting the combined signal.

2. The method of claim 1, wherein the bandwidth of the
non-TM signal is defined by a spectral mask.

3. The method of claim 1, wherein a power of the first TM
signal is at least 3 dB less than a power of the non-TM
signal.

4. The method of claim 1, wherein a power of the first TM
signal is at least 20 dB less than a power of the non-TM
signal.

5. The method of claim 1, further comprising:

generating a second TM signal by:

generating a second modulation signal from a third data
signal, and

shifting the second modulation signal in frequency to a
lower sideband in the frequency spectrum of the
non-TM signal which lies within the bandwidth to
provide the second TM signal; and

combining the non-TM signal with the first TM signal
and the second TM signal on the common carrier
signal to provide a combined signal.

6. The method of claim 5, wherein the first modulation
signal is a first complex modulated signal and the second
modulation signal is a second complex modulated signal.

7. The method of claim 6, wherein the first modulation
signal is modulated in both amplitude and phase, and
wherein the second modulation signal is modulated in both
amplitude and phase.

8. The method of claim 1, wherein a symbol constellation
of'the non-TM signal is larger than a symbol constellation of
the first TM signal.

9. The method of claim 1, wherein a bandwidth of the
combined signal is approximately the same as the bandwidth
of the non-TM signal with the spectrum of the combined
signal lying within a spectral mask of non-TM signal.

10. The method of claim 1, wherein a spectral efficiency
of'the combined signal is greater than 14 bps/Hz, for a 40 dB
signal-to-noise ratio (SNR) of the non-TM signal.

11. The method of claim 1, wherein generating the first
TM signal further comprises filtering the first modulation
signal to shape a spectrum of the first modulation signal
based on a spectral mask of the non-TM signal.
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12. The method of claim 11, wherein the filtering of the
first modulation signal shapes the first modulation signal to
correspond to the spectral mask of the non-TM signal.

13. The method of claim 1, wherein shifting the first
modulation signal in frequency to the sideband in the
frequency spectrum of the non-TM signal comprises shifting
the first modulation signal in frequency to a null of the
sideband in the frequency spectrum of the non-TM signal.

14. The method of claim 1, wherein shifting the first
modulation signal in frequency to the sideband in the
frequency spectrum of the non-TM signal places the first TM
signal at an upper frequency spacing that is approximately
orthogonal to the non-TM signal.

15. The method of claim 1, wherein the non-TM signal
and the first TM signal have a same symbol frame rate.

16. A transmitter configured to perform operations com-
prising:

generating a non-transpositional modulation (non-TM)

signal from a first data signal, the non-TM signal
having a frequency spectrum that occupies a band-
width;

generating a first TM signal by:

generating a first modulation from a second data signal,
and

shifting the first modulation signal in frequency to a
sideband in the frequency spectrum of the non-TM
signal which lies within the bandwidth to provide the
first TM signal;

combining the non-TM signal with the first TM signal on

a common carrier signal to provide a combined signal;
and
transmitting the combined signal.
17. The transmitter of claim 16 comprising a field pro-
grammable gate array programed to perform the operations.
18. The transmitter of claim 16 comprising an application
specific integrated circuit with circuitry configured to per-
form the operations.
19. A transmitter comprising:
at least one processor; and
a data store coupled to the at least one processor having
instructions stored thereon which, when executed by
the at least one processor, causes the at least one
processor to perform operations comprising:

generating a non-transpositional modulation (non-TM)
signal from a first data signal, the non-TM signal
having a frequency spectrum that occupies a band-
width;

generating a first TM signal by:

generating a first modulation from a second data signal,

and

shifting the first modulation signal in frequency to an

upper sideband in the frequency spectrum of the non-
TM signal which lies within the bandwidth to provide
the first TM signal;

combining the non-TM signal with the first TM signal on

a common carrier signal to provide a combined signal;
and

transmitting the combined signal.

20. The transmitter of claim 19, wherein the at least one
processor includes: a field programmable gate array
(FPGA), an application specific integrated circuit (ASIC), or
a software defined radio (SDR).
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