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(57) ABSTRACT

A radar apparatus for obtaining a higher resolution than
conventional SAR apparatus without increasing the band-
width comprises a transmitter antenna and a receiver
antenna. A mixer mixes said receive signal with said trans-
mit signal to obtain a mixed receive signal, and a sampling
unit samples said mixed receive signal to obtain receive
signal samples from a period of said receive signal. A
processor processes said receive signal samples by defining
a spatial grid in the scene with a finer grid resolution than
obtainable by application of a synthetic aperture radar
algorithm on the receive signal samples and determining
reflectivity values at grid points of said spatial grid by
defining a signal model including the relative geometry of
said transmitter antenna and said receiver antenna with
respect to the scene, said transmit signal and said spatial grid
and applying compressive sensing on said receive signal
using said signal model.

16 Claims, 8 Drawing Sheets
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1
RADAR APPARATUS AND METHOD

BACKGROUND

Field of the Disclosure

The present disclosure relates to a radar apparatus and a
corresponding radar method. Further, the present disclosure
relates to a processing apparatus and method for use in such
a radar apparatus and method, respectively. Still further, the
present disclosure relates to a computer program for imple-
menting said processing method and to a computer readable
non-transitory medium storing such a computer program.

Description of Related Art

Synthetic aperture radar (SAR) is a common technique
used in radar applications like remote sensing or radar
imaging because it allows increasing the effective aperture
of a certain antenna by moving it over the surface to be
sensed/imaged, or the scatter to be detected. As the radar
antenna passes over a given scatter, many pulses are trans-
mitted from the transmitter antenna in sequence and the
reflected signals are recorded by a receiver antenna. By
combining these individual signals, a synthetic aperture is
created which provides a much improved resolution in the
azimuth resolution. The received echoes contain full phase
and amplitude information of the scene reflectivity, but the
image reconstructed from that signals is unfocused, due to
the phase differences among the acquired signals caused by
the different propagation time at each antenna position.
Using signal processing techniques, the image is focused by
correcting these phase differences, to obtain the improved
resolution provided by the antenna movement. Another
important benefit of SAR is that the theoretical achievable
spatial resolution in the direction of the movement only
depends on the physical size of the antenna in the same
direction.

The SAR technique is traditionally used by mounting an
antenna or array of antennas in a spacecraft or airborne for
applications like earth observation, topographic missions,
agriculture, military recognition or surveillance, etc. The
recent advances in the millimeter waves frequency range
(30-300 GHz) towards miniaturization and system integra-
tion, mainly driven by the introduction of radar based driver
assistance systems in the automotive industry, together with
the growing demand for security applications for concealed
weapons or explosive substances detection, have triggered
an intense activity in the area of radar imaging. For such
applications it is desirable to achieve improved resolution
but in the two dimensions of the scene. This can be done by
applying SAR in both directions and then synthesize the 2D
image.

The “background” description provided herein is for the
purpose of generally presenting the context of the disclo-
sure. Work of the presently named inventor(s), to the extent
it is described in this background section, as well as aspects
of the description which may not otherwise qualify as prior
art at the time of filing, are neither expressly or impliedly
admitted as prior art against the present invention.

SUMMARY

It is an object of the present disclosure to provide a radar
apparatus and method to enhance the spatial resolution of an
unfocused 2D radar apparatus and method without increas-
ing the bandwidth. It is a further object of the present
disclosure to provide a corresponding processing device and
method as well as a corresponding computer readable non-
transitory medium storing a computer program.
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According to an aspect of the present disclosure there is
provided a radar apparatus comprising:
a transmitter antenna that transmits an unfocused fre-
quency modulated transmit signal having a transmit
bandwidth towards a scene potentially comprising one
or more targets,
a receiver antenna that receives a receive signal reflected
from said scene in response to the transmission of said
transmit signal,
a mixer that mixes said receive signal with said transmit
signal to obtain a mixed receive signal,
a sampling unit that samples said mixed receive signal to
obtain receive signal samples from a period of said
receive signal,
a processor that processes said receive signal samples by
defining a spatial grid in the scene with a finer grid
resolution than obtainable by application of a syn-
thetic aperture radar algorithm on the receive signal
samples and

determining reflectivity values at grid points of said
spatial grid by defining a signal model including the
relative geometry of said transmitter antenna and
said receiver antenna with respect to the scene, said
transmit signal and said spatial grid and applying
compressive sensing on said receive signal using
said signal model.

According to a further aspect of the present disclosure
there is provided a processor for use in a radar apparatus, in
particular having a transmitter antenna that transmits an
unfocused frequency modulated transmit signal having a
transmit bandwidth towards a scene potentially comprising
one or more targets, a receiver antenna that receives a
receive signal reflected from said scene in response to the
transmission of said transmit signal, a mixer that mixes said
receive signal with said transmit signal to obtain a mixed
receive signal, and a sampling unit that samples said mixed
receive signal to obtain receive signal samples from a period
of said receive signal,
wherein said processor is configured to processes said
receive signal samples by

defining a spatial grid in the scene with a finer grid
resolution than obtainable by application of a synthetic
aperture radar algorithm on the receive signal samples
and

determining reflectivity values at grid points of said
spatial grid by defining a signal model including the
relative geometry of said transmitter antenna and said
receiver antenna with respect to the scene, said transmit
signal and said spatial grid and applying compressive
sensing on said receive signal using said signal model.

According to still further aspects corresponding methods,
a computer program and a computer readable non-transitory
medium having instructions stored thereon which, when
carried out on a computer, cause the computer to perform the
steps of the processing method according to the present
disclosure are provided.

Preferred embodiments of the disclosure are defined in the
dependent claims. It shall be understood that the claimed
processor, the claimed methods and the claimed computer
readable medium have similar and/or identical preferred
embodiments as the claimed radar apparatus and as defined
in the dependent claims.

The present disclosure is based on the idea to enhance the
spatial resolution in a radar apparatus, in particular a 2D
SAR apparatus, in comparison with conventional recon-
struction algorithms, for the same scanning setup. It is
proposed to build a model of the measurement process and
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then estimate the scene reflectivity by applying the well
known principle of compressing sensing, particularly
including the solving of an 11-regularization convex prob-
lem.

It is to be understood that both the foregoing general
description of the invention and the following detailed
description are exemplary, but are not restrictive, of the
invention.

BRIEF DESCRIPTION OF THE DRAWINGS

A more complete appreciation of the disclosure and many
of the attendant advantages thereof will be readily obtained
as the same becomes better understood by reference to the
following detailed description when considered in connec-
tion with the accompanying drawings, wherein:

FIG. 1 shows an embodiment of a conventional FMCW
radar apparatus,

FIG. 2 shows a diagram of typical frequency against time
waveforms for a conventional FMCW radar apparatus,

FIG. 3 shows an embodiment of a radar apparatus accord-
ing to the present disclosure,

FIG. 4 shows another embodiment of a radar apparatus
according to the present disclosure,

FIG. 5 shows a diagram illustrating the function of the
radar apparatus according to the present disclosure,

FIG. 6 shows a diagram illustrating a simulated scene
having one layer,

FIG. 7 shows a diagram of the result of a conventional
backprojection SAR algorithm for the simulated scene
shown in FIG. 6,

FIG. 8 shows a diagram of the radar method according to
the present disclosure for the simulated scene shown in FIG.
65

FIG. 9 shows a side view of another simulated scene
having two layers,

FIG. 10 shows a front view of another simulated scene
having two layers,

FIG. 11 shows a diagram of the result of a conventional
backprojection SAR algorithm for a front layer of the
simulated scene shown in FIG. 9,

FIG. 12 shows a diagram of the result of the radar method
according to the present disclosure for a front layer of the
simulated scene shown in FIG. 9,

FIG. 13 shows a diagram of the result of a conventional
backprojection SAR algorithm for a back layer of the
simulated scene shown in FIG. 9,

FIG. 14 shows a diagram of the result of the radar method
according to the present disclosure for a back layer of the
simulated scene shown in FIG. 9, and

FIG. 15 shows a flow chart of an embodiment of a radar
method according to the present disclosure.

DESCRIPTION OF THE EMBODIMENTS

Referring now to the drawings, wherein like reference
numerals designate identical or corresponding parts
throughout the several views, FIG. 1 shows an embodiment
of a conventional FMCW radar apparatus 1 in which the
above mentioned SAR technique can generally be applied.
A thorough explanation of FMCW is given in G. Brooker,
“Understanding Millimeter Wave FMCW Radars”, 1st Inter-
national Conference on Sensing Technology, Nov. 21-23,
2005, Palmerston North, New Zealand, p. 152-157. Such a
FMCW radar 1 transmits a continuous wave signal that is
frequency modulated (frequency is changing with time) to
produce a chirp pulse by a chirp transmitter 2. This is
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transmitted to the object 100 (e.g. included in a scene) to be
examined by a co-located (monostatic) antenna 3 and is also
fed to the receiver via a coupler 4. Depending upon the
properties of the object 100 the transmitted signal will be
reflected by the object 100 and be received by the receiver
of'the FMCW radar, i.e. the co-located antenna 3. A duplexer
or circulator 5 serves for time multiplexing the transmitting
and receiving signals to/from the co-located antenna 3.

Since the transmitted chirp pulse is changing its frequency
with time, the exact frequency received for a given time
instant depends upon how far away the object is located and
the corresponding flight time (Tp). This received signal is
then mixed with the transmitted chirp (supplied to the mixer
6 via the coupler 4) and the output of the mixer 6 has a
frequency which is the difference in frequency between the
transmitted and received signal. This is known as the beat
frequency (f,) and is directly proportional to the distance
between the FMCW radar and the object.

The beat frequency signal is then amplified by an ampli-
fier 7 and (Nyquist) sampled and Fourier transformed using
a spectrum analyser or FFT transforming unit 8 to get the
frequency bins. These frequency bins are directly related to
the range of the target.

The frequency variation against time of the transmitter
signal (chirp pulse) and the received signal are shown in
FIG. 2 as solid and dotted lines respectively. The difference
in frequency between the transmitted signal and the
received, the beat frequency (f,) is also labelled. As can be
seen in FIG. 2, the frequency of the transmitted and received
signal is varying with time. At each sampling point the
frequency of the signal is generally known, and the band-
width of the transmitted and received signal is limited for a
given time instant. T indicates the delay time between
transmit and receive signal, PRI indicates the time period of
one chirp signal, i.e. the pulse repetition interval.

A Frequency Modulated Continuous Wave (FMCW)
radar imaging systems uses the range information to create
a 3D image of the scene of interest, as is known from Ken
B. Cooper, Robert J. Dengler, Nuria [Llombart, Tomas Bryl-
lert, Goutam Chattopadhyay, Erich Schlecht, John Gill,
Choonsup Lee, Anders Skalare, Imran Mehdi, and Peter H.
Siegel, “Penetrating 3-D Imaging at 4- and 25-m Range
Using a SubmillimeterWave Radar”, IEEE Transactions on
Microwave Theory and Techniques, vol. 56, no. 12, Decem-
ber 2008. The system transmits a signal with a frequency
sweep modulation, often called a chirp, at each scene
position or pixel. The signal reflected by each scatter at one
pixel is mixed with a copy of the transmitted signal, and the
output of the mixer shows a frequency shift between both
signals (also called beat frequency or intermediate fre-
quency), which is directly proportional to the time delay, and
hence to the distance to the scatter. Such a system usually
creates an image of a 2D scene by displaying the power of
the reflected signal of the pixels in the scene located at the
same distance of the transceiver. Furthermore, the beat
frequency at each pixel position provides us with depth
information of the scene at that position. Displaying the
scatters located at the same distances of the radar unit target
we obtain a 2D view of the scene for each discrete distance.
Therefore it is possible to display several layers (2D) in the
depth direction of a 3D volume by using such information.
How close these depth layers can be resolved depends upon
the distance (range) resolution of the FMCW radar unit
being used in the imaging system.

The range resolution of frequency modulated continuous
wave (FMCW) radar systems is inversely proportional to the
bandwidth, i.e. it holds dR=c/(2BW) wherein R is the range,



US 9,857,463 B2

5

c is the speed of light and BW is the bandwidth. This range
information is conventionally extracted by performing fre-
quency domain analysis (e.g. by a Fast Fourier Transform
(FFT) of the received mixed signal (beat frequency)). With
this method the presence of a target is shown by a main lobe
with the maximum located at the frequency beat correspond-
ing to the range of the target. When two or more targets are
closer to each other than the maximum range resolution of
the radar, i.e. when the distance between two or more
scatters (and the corresponding layers) is smaller than the
maximum range resolution of the radar, this frequency based
procedure is not able to distinguish among the main lobes
corresponding to the different targets. This theoretical range
resolution only depends of the bandwidth of the transmitted
chirp, i.e. the higher the bandwidth, the better the range
resolution.

If the used antenna is provided with some focus means
(e.g. a lens or other optics) the reconstruction of the selected
layer does not need further processing. But in a focused
system, the range of layers that can be recovered depends on
the employed focus means. Layers outside that focus range
will be shown unfocused. The advantage of the synthetic
focus in SAR systems is clear, as it is possible to reconstruct
the image at any depth layer. An example of such a SAR
imaging system is described in Keil, A. Hoyer, T., Peuser, J.,
Quast, H., Loffler, T., “All-electronic 3D THz synthetic
reconstruction imaging system”, 36th International Confer-
ence on Infrared, Millimeter and Terahertz Waves
(IRMMW-THz), 2-7 Oct. 2011, where the scanning of the
scene is done mechanically. But other solutions may include
static two-dimensional antenna arrays where the synthetic
aperture is achieved by combining the transmitting and
receiving antennas sequentially. Whatever the case, the
spatial geometry used for the measurements needs to be
precisely included in the SAR image reconstruction algo-
rithm, since otherwise the synthetic focus would fail.

The present disclosure proposes a radar apparatus and
method that increase the spatial resolution of a 2D SAR
system in comparison with traditional reconstruction algo-
rithms, for the same scanning setup. The proposed radar
apparatus and method substantially build a model of the
measurement process and then estimate the scene reflectivity
by use of compressive sensing. Before details of the present
disclosure are explained in more detail, the theory of CS
shall be briefly explained.

The theory of CS basically states that a sparse signal x of
length N in certain basis can be recovered exactly with high
probability from only M measurements, where M<<N via
11-minimization. As a general rule, it has been found empiri-
cally, that if the signal x is K-sparse (only K of the N
coeflicients of x are non-zero), the number of needed mea-
surements M is in the order of K*log N. Let W denote the
basis matrix of the sparse signal (x=W¥s), and let ® denote a
measurement matrix. The theory of CS demonstrates that it
is possible to reconstruct the signal x from a small number
0 measurements y by solving the convex optimization
problem:

§=minvsv, s.t. y=Px=PWs=0Os (D
where s is a sparse vector with only K valid coefficients, and
@ is a MxN matrix with M<<N. Another condition that must
be satisfied, besides the sparsity of the signal, is the
restricted isometry property (RIP) that states that the recon-
struction of the signal would be successful only if the matrix
O satisfies:
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where v is an arbitrary sparse signal and €>0. A related
property, much easier to prove is known as the incoherence
property which states that the lower the coherence between
the representation matrix ¥ and the measurement matrix ®
is, the higher would be the probability of a perfect recon-
struction. The coherence 1 is defined as:

#@ W) =+ max Ko v =

In other words, the coherence measures the largest correla-
tion between any two eclements of W and ®. Detailed
explanations of the theory of compressive sensing can, for
instance, be found in E. Candes, J. Romberg, and T. Tao,
“Robust uncertainty principles: Exact signal reconstruction
from highly incomplete frequency information,” IEEE
Transactions on Information Theory, vol. 52, pp. 489-509,
2006, D. Donoho, “Compressed sensing,” IEEE Transac-
tions on Information Theory, vol. 52, pp. 1289-1306, 2006,
or Emmanuel J. Candés and Michael B. Wakin, “An intro-
duction to compressive sampling”, IEEE Signal Processing
Magazine, pp. 21-30, March 2008.

In the conventional application of compressive sensing to
a signal acquisition process, the goal is to reduce the number
of measurements needed to recover or reconstruct the signal
or image of interest with an acceptable (for the concrete
application) quality. Reducing the number of measurements
may have benefits like for example reducing the acquisition
time, the number of sensors required and therefore the
system complexity and the price, or the data storage needs.
The present invention, however, proposes to exploit the
super-resolution potential of compressive sensing by apply-
ing this technique in a different approach: instead of reduc-
ing the number of measurements to recover the original
signal, all the available measurements are taken and a signal
is reconstructed with a better quality (in some sense), in
particular with an increased spatial resolution, than the one
obtained with the conventional methods using the same
source data.

FIG. 3 shows a schematic diagram of the general layout
of a radar apparatus 10 according to the present disclosure.
It comprises a transmitter antenna 11 that transmits a fre-
quency modulated transmit signal having a transmit band-
width towards a scene 111 potentially comprising one or
more targets 112, 113, 114, and a receiver antenna 12 that
receives a receive signal reflected from said scene 111 in
response to the transmission of said transmit signal. Further,
the radar apparatus 10 comprises a mixer 13 that mixes said
receive signal with said transmit signal to obtain a mixed
receive signal and a sampling unit 14 that samples said
mixed receive signal to obtain receive signal samples from
a period of said receive signal. A processor 15 is provided
that processes said receive signal samples by defining a
spatial grid in the scene with a finer grid resolution than
obtainable by application of a synthetic aperture radar
algorithm on the receive signal samples and determining
reflectivity values at grid points of said spatial grid by
defining a signal model including the relative geometry of
said transmitter antenna and said receiver antenna with
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respect to the scene, said transmit signal and said spatial grid
and applying compressive sensing on said receive signal
using said signal model.

In the embodiment of a FMCW radar, which shall be used
herein for explaining the details of the present disclosure, CS
is applied to all the data collected in the receiver to achieve
a spatial resolution that is finer than the spatial resolution
obtained when the data is processed in a conventional
manner.

A more detailed embodiment of a radar apparatus 10'
according to the present disclosure is schematically shown
in FIG. 4. Here, for like elements the same reference
numbers are used as in FIG. 1. Besides the VCO 24 in the
transmitter path (which may also be provided in the con-
ventional radar apparatus 1), the amplifier 7, the analog-to-
digital converter (ADC) 7a and the processor 15 an optional
reconstruction unit 16 for reconstructing an image from the
obtained reflectivity values and an optional display 17 for
displaying an image are provided.

In this embodiment of the radar apparatus 10' a co-located
antenna 3 is used that alternately works as transmitter
antenna and as receiver antenna. In other embodiments,
however, separate transmitter and receiver antennas, antenna
arrays and/or antennas using electronic beamforming or
mechanical movement means for moving antennas for scan-
ning the scene might be used.

To achieve higher spatial resolution it is proposed accord-
ing to the present disclosure to define a spatial grid in the
scene of interest with a finer resolution than the one that is
possible to obtain with traditional SAR reconstruction meth-
ods. Once the spatial grid has been defined, a signal model
including the transmitted frequency modulated signal, the
antenna geometry and the defined grid points is created. To
illustrate how to build such a model, the scenario depicted
in FIG. 5 will be used as example, but the proposed idea can
be applied to any device and method performing a non-
focused 2D scan (SAR) of a scene by transmitting frequency
modulated transmit signals, preferably FMCW chirp signals.
In this context “non focused” or “unfocused” means that the
radiation pattern of the transmitter antenna illuminates the
scene without using any optic or electronic means that may
concentrate (i.e. focus) the antenna beam to a much more
reduced area. The focusing (of a constructed image) may be
done later on synthetically as part of the reconstruction
process.

The 2D antenna array 30 shown in FIG. 5 comprises a
square of 5x5 receiver antenna elements 31, surrounded by
four groups of 4x4 transmitter antenna elements 32. Fol-
lowing a predetermined time sequence, each transmitter
antenna element 32 sends a FMCW chirp to the scene 111
(here comprising one point target 112) which is reflected
back to the antenna array 30 conveying information about
the scene’s reflectivity profile. This makes a total of 1600
(25%64) possible measurements. Traditional SAR recon-
struction algorithms just coherently combine the collected
pulse returns along this synthetic aperture to create an image
of the scene 111. In the method proposed here, however, a
full mathematical model is created that describes all possible
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returns assuming a full distribution of scatters (i.e. targets)
placed at the defined grid positions. The theory of compres-
sive sensing is then applied to estimate, using the collected
measurements, the position and the value of the scatters in
the scene 111.

Preferably, the transmitter signal is a continuous ramp
frequency chirp, but once the reflected signal is sampled at
a receiver antenna element 31, these samples can be con-
sidered as a collection of pulses from a step frequency radar.
Therefore, the signal S transmitted by the transmitter
antenna element Ti(xti, yti, 0), reflected by a target at the
position P(xp,yp,zp), received at the antenna Rn(xn, yn, 0)
and sampled with frequency fs, at intervals kTs can be
written as:

®

p 1 2
S(T;, R, P, k) = g—(p).efz”(fOT(T;,Rn,P)*""TST(T;,RmP)*i‘”(T;,Rn,P))

where o=BW/PRI is the slope of the chirp given by the
quotient between the chirp frequency excursion (or band-
width) and the number of chirps transmitted per unit time,
known as the pulse repetition rate (PRI) and

VG 5P Gy —ya) 435 + @

V@ =5 + (7 — 3P +22
2

UT;.Ry.P) =

is the propagation time of the signal.

To construct the measurement matrix for the signal model,
the response of each possible transmitter antenna element
and receiver antenna element combination (Na) is organized
in one column, and this is done for each grid point defined
in the scene grid (Ns). Na corresponds to the number of
measurements (for the example in FIG. 5 this value is 1600),
and Ns is defined using a resolution finer than the spatial
resolution the system would be able to achieve using tradi-
tional SAR processing algorithms like match filter backpro-
jection.

For defining the signal model, Rij shall be defined as the
distance travelled by the transmitter signal using the trans-
mitter-receiver antenna element combination number i (from
Na different combinations), j shall be defined as the scene
grid position (from Ns possibilities), and tk shall be defined
for each one of the sampled frequencies by

S o+ okT 3

Further, yk shall be defined as a vector with all measure-
ments taken using the Na antenna combinations for all Ns
grid positions and one sampled frequency fk, and o the
vector with the reflectivity values of the scene at each grid
point. Therefore, for each one of these sampled frequency fk
the signal model can be defined as:

R aR o RNgL aRy | 4)
) e e
R a1
no R _aRyy -M,Na%[ ?,J,VaZ]
IR J Jem e o
R aR,
P aR inpoNaZ( o 2TNg2 o3
efz””?(fk"’zgs) P /A )
Tw
Ran, aRy, NN, aRy N
D =S _ &N A7 S T [ a'rs
J2m—=C [fk 7 ] 2m-—< [fk 2 ]
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Obtaining o from yk is an inverse problem with more
unknowns than equations and therefore impossible to solve
by traditional methods. Compressive sensing tries to solve
such an inverse problem by looking for the sparsest vector
o that best fits within this model, given the received signal
yk. Indeed, if the signal o is actually sparse in some domain,
compressive sensing would be able to estimate it with
overwhelming probability by means of an 11-minimization
algorithm. Preferably, here it is assumed that the number of
targets or reflectivity points is limited and therefore sparse in
the spatial domain, i.e. only some coefficients ai in the vector
will be non-zero:

G=min|ov, s.t. ;=00

®

If the sparsity of the signal does not occur in the spatial
domain, but in other transformed domain, it is therefore
enough to introduce such a transformation during the recov-
ery process as part of the minimization algorithm. For
example, typical scenes in radar imaging for security appli-
cations may look more like a distributed target as compared
to a group of dicrete, isolated scatters. In this case the
utilization of the total variation transform will sparsify the
scene.

Once the signal model has been defined the 11-regular-
ization problem (5) has to be solved to obtain a solution a
consistent with the observations yk. This is a convex opti-
mization problem that can be conveniently reduced to a
linear program problem and then solved e.g. via Basic
Pursuit (as e.g. described in Chen, S. S., Donoho, D. L.,
Saunders, M. A, “Atomic decomposition by basis pursuit”.
SIAM J. Sci. Comput. 20 (1999), 33-61) or any other
decomposition method (as e.g. described in Kristen Michelle
Cheman, “Optimization techniques for solving basis pursuit
problems”, Ph. D Thesis, North Carolina State University,
March, 2006). However, these linear solvers do not consider
the presence of noise in the equation and therefore they are
not able to find a sparse solution for the problem. To work
in the presence of noise the problem is preferably reformu-
lated to an alternative 1l-minimization algorithm with
unequal constraints:

min|o]; s.t. |®o-y,/hr=<€e

Q)

The main difference with the problem defined in (5) is that
the reconstruction now has to be only consistent with the
noise level. This is still a convex problem but it can be
solved with a second order cone solver like SeDuMi (as e.g.
currently be described at http:/sedumi.ie.lehigh.edu/) or
SDPT3 (as e.g. currently be described at (http://www.math-
.nus.edu.sg/~mattohke/sdpt3.html).

For large problems like this one that includes a big
number of variables, a better estimator than defined in (6) for
noisy data is the 11-regularized method “11_Is” described by
S.-J. Kim, K. Koh, M. Lustig, S. Boyd, and D. Gorinevsky,
“An InteriorPoint Method for Large-Scale 11-Regularized
Least Squares”, IEEE Journal on Selected Topics in Signal
Processing, 1(4):606-617, December 2007:

min|®o-y ;> +Aol

M

The validity of the proposed radar device and method has
been tested through simulations, and the results have been
compared with a standard 2D SAR backprojection algo-
rithm. Further, the independence of the radar device and
method with the type of synthetic aperture antenna distri-
bution being used during the acquisition process has been
verified, as far as the corresponding geometry of such a 2D
acquisition system is included in the compressive sensing
signal model. Examples could be a single monostatic
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antenna using a mechanical displacement system to scan the
complete 2D space, or any feasible combination of trans-
mission and reception antenna elements in a 2D antenna
array, like the one shown in FIG. 5 (wherein the number of
receiver antenna elements 31 and transmitter antenna ele-
ments 32 is to understood as exemplary).

The capability of the proposed device and method will be
illustrated by means of an example using the two-dimen-
sional synthetic antenna array shown in FIG. 5 with two
simulated scenarios. The first simulated scenario comprises
a scene 120 covering an area of 50x50 mm where 17 point
targets with the same reflectivity have been placed according
the distribution shown in FIG. 6. The resolution of a system
using a 2D SAR standard backprojection algorithm is 1 cm
in both dimensions, which is the minimum distance used
between any two point scatters in the simulated scene 120 as
can be seen in FIG. 6. The distance of the scene 120 to the
antenna array is 50 cm. Furthermore, phase noise and
background noise have been added to the simulation to have
a reasonable SNR in the order of 30 dB.

FIG. 7 shows the results obtained with the traditional
backprojection SAR algorithm. FIG. 8 shows the results
obtained with the device and method of the present disclo-
sure. As can be seen in FIG. 7 the backprojection algorithm
is unable to differentiate among those point targets which are
1 cm away from each other. That is why the inner point
targets square appears like a continuous target and not as
seven individual point targets, like it happens with the outer
square, where the distance among the point targets is 2.5 cm
and, therefore, resolvable with the traditional method. Also
the 1.5 cm distance between the inner and outer squares can
be resolved by the backprojection algorithm. However, the
device and method proposed in this disclosure are able to
clearly identify and recover all individual targets as can be
seen in FIG. 8. Some small misalignment in the position of
some of the targets as well as some ghost targets can also be
appreciated. These imprecisions can, however, be easily
solved with some simple post-processing of the signal.

In a second scenario a second layer has been added to the
first scenario with another 8 point targets in a plane 10 cm
behind the first scenario shown in FIG. 6. This means, as can
be seen in FIG. 9 in a side view of the scene 130 and in FIG.
10 in a front view of the scene 130, that at a distance of 50
cm of the antenna array there is a first layer 131 comprising
17 point targets 132 and at 60 cm distance there a second
layer 133 comprising another 8 targets 134.

The simulator uses a bandwidth of 20 GHz which corre-
sponds to a range resolution of 0.75 cm. Therefore, the
selected distance of 10 cm between the layers can be clearly
resolved by this simulated FMCW radar. The goal of this
new scenario is to demonstrate that the idea proposed in this
disclosure can be applied independently to each one of the
discrete received frequencies corresponding to the different
layers in the range direction (i.e. the z direction).

FIGS. 11-14 show the obtained results with both the
backprojection algorithm (FIGS. 11 and 13) and the device
and method proposed herein (FIGS. 12 and 14) by means of
the application of compressive sensing, for the front layer
131 (FIGS. 11 and 12) and the back layer 133 (FIGS. 13 and
14). Again, the results obtained with the compressive sens-
ing based device and method show superior results inde-
pendently of the focused layer. Again, some position and
uncertainties and target ghosts would need to be corrected
with some post processing.

For determining the reflectivity values (and, if desired,
positions of targets) of different layers of the scene the
processor is configured to focus on a predetermined layer of
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the scene by setting a distance value for the distance between
transmitter antenna and the scene and/or for the distance
between the receiver antenna and the scene in the definition
of the signal model. In particular, with reference to equation
(2) the parameter z,, can be used as distance value indicating
the distance between the antenna array 30 and a particular
layer (e.g. layer 131) can be set to a desired value in order
to focus on said layer. With this setting the described
algorithm is performed. In order to focus on a different layer,
a different value is assigned to the parameter z, and the
algorithm is performed again with this different value.

FIG. 15 shows a flow chart of an embodiment of a radar
method according to the present disclosure. It comprises the
steps of

transmitting (S1) an unfocused frequency modulated

transmit signal having a transmit bandwidth towards a
scene potentially comprising one or more targets,
receiving (S2) a receive signal reflected from said scene
in response to the transmission of said transmit signal,
mixing (S3) said receive signal with said transmit signal
to obtain a mixed receive signal,

sampling (S4) said mixed receive signal to obtain receive

signal samples from a period of said receive signal,

processing (S5) said receive signal samples by defining a

spatial grid in the scene with a finer grid resolution than
obtainable by application of a synthetic aperture radar
algorithm on the receive signal samples and determin-
ing reflectivity values at grid points of said spatial grid
by defining a signal model including the relative geom-
etry of said transmitter antenna and said receiver
antenna with respect to the scene, said transmit signal
and said spatial grid and applying compressive sensing
on said receive signal using said signal model.

The proposed unfocused 2D radar device is able to create
a 2D image of a scene with an increased spatial resolution
by applying compressive sensing technique as synthetic
focus mechanism.

Obviously, numerous modifications and variations of the
present disclosure are possible in light of the above teach-
ings. It is therefore to be understood that within the scope of
the appended claims, the invention may be practiced other-
wise than as specifically described herein.

In the claims, the word “comprising” does not exclude
other elements or steps, and the indefinite article “a” or “an”
does not exclude a plurality. A single element or other unit
may fulfill the functions of several items recited in the
claims. The mere fact that certain measures are recited in
mutually different dependent claims does not indicate that a
combination of these measures cannot be used to advantage.

In so far as embodiments of the invention have been
described as being implemented, at least in part, by soft-
ware-controlled data processing apparatus, it will be appre-
ciated that a non-transitory machine-readable medium car-
rying such software, such as an optical disk, a magnetic disk,
semiconductor memory or the like, is also considered to
represent an embodiment of the present invention. Further,
such a software may also be distributed in other forms, such
as via the Internet or other wired or wireless telecommuni-
cation systems.

The elements of the claimed devices and apparatus may
be implemented by corresponding hardware and/or software
elements, for instance appropriated circuits. A circuit is a
structural assemblage of electronic components including
conventional circuit elements, integrated circuits including
application specific integrated circuits, standard integrated
circuits, application specific standard products, and field
programmable gate arrays. Further a circuit includes central
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processing units, graphics processing units, and micropro-
cessors which are programmed or configured according to
software code. A circuit does not include pure software,
although a circuit includes the above-described hardware
executing software.
The invention claimed is:
1. A radar apparatus comprising:
a transmitter antenna that transmits an unfocused fre-
quency modulated transmit signal having a transmit
bandwidth towards a scene comprising one or more
targets,
a receiver antenna that receives a receive signal reflected
from said scene in response to the transmission of said
transmit signal,
a mixer that mixes said receive signal with said transmit
signal to obtain a mixed receive signal,
a sampler that samples said mixed receive signal to obtain
receive signal samples from a period of said receive
signal,
a processor that processes said receive signal samples by:
defining a spatial grid in the scene with a particular grid
resolution; and

determining reflectivity values at grid points of said
spatial grid by defining a signal model including
geometry of said transmitter antenna and said
receiver antenna with respect to the scene, said
transmit signal, and said spatial grid, and applying
compressive sensing on said receive signal using
said signal model, and
a display that displays a reconstructed image of the scene
based on the determined reflectivity values,
wherein said processor is configured to define, for each
receive signal sample, a respective signal model using
a measurement matrix having:
anumber of columns corresponding to a number of said
grid points of said spatial grid, and

a number of rows corresponding to a number of mea-
surements, the number of measurements being a
product of a number of transmit signals times a
number of receive signals.

2. The radar apparatus as claimed in claim 1, wherein said
processor is configured to determine at least one of a
position or reflectivity values of targets comprised in said
scene from the reflectivity values determined at the grid
points of said spatial grid.

3. The radar apparatus as claimed in claim 1, wherein said
transmitter antenna is configured to subsequently transmit a
plurality of unfocused frequency modulated transmit sig-
nals.

4. The radar apparatus as claimed in claim 1, wherein the
transmitter antenna and the receiver antenna are imple-
mented by a single co-located antenna.

5. The radar apparatus as claimed in claim 1, wherein said
transmitter antenna comprises a plurality of transmitter
antenna elements that each subsequently transmit a respec-
tive unfocused frequency modulated transmit signal.

6. The radar apparatus as claimed in claim 1, wherein said
receiver antenna comprises a plurality of receiver antenna
elements that each receive a respective receive signal
reflected from said scene in response to a transmission a
respective transmit signal.

7. The radar apparatus as claimed in claim 1, wherein said
processor is configured to define a value of a matrix element
of said measurement matrix depending on a geometry
between a respective transmitter antenna element and a
respective receiver antenna element and a corresponding
grid point in the scene.
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8. The radar apparatus as claimed in claim 1, wherein said
processor is configured to focus on a predetermined layer of
the scene by setting at least one of a distance value for a
distance between the transmitter antenna and the scene or a
distance value for a distance between the receiver antenna
and the scene in a definition of the signal model.

9. The radar apparatus as claimed in claim 8, wherein said
processor is configured to focus on different layers of the
scene by:

setting different distance values to define different signal 10

models, and

determining the reflectivity values for the different layers

by use of the different signal models.

10. The radar apparatus as claimed in claim 1, wherein
said processor is configured to apply a 11-norm minimization
algorithm for solving a 11-regularization problem existing
when applying said compressive sensing.

11. The radar apparatus as claimed in claim 10, wherein

said processor is configured to solve said 11-norm mini-

mization problem by applying a second order cone
solver, and

said second order cone solver includes a SeDuMi or

SDPT.

12. The radar apparatus as claimed in claim 1, wherein
said processor is configured to apply all-norm minimization
algorithm for solving a 11-regularization problem in a form:

min[of|; s.t. [Po-ylb=e,

where O is a desired solution for a reflectivity vector of the
one or more targets, @ is the measurement matrix, y, is a
vector of the receive signal samples from the period of said
receive signal, and e represents an accepted error parameter
for use as stop criterion for said 11-norm minimization
algorithm.

13. The radar apparatus as claimed in claim 1, wherein
said processor is configured to apply all-norm minimization
algorithm for solving all-norm regularization problem in a
form:

min|@o-yL*+ol;,

where O is a desired solution for a reflectivity vector of the
one or more targets, ® is the measurement matrix, y, is a
vector of the receive signal samples from the period of said
receive signal, and A is a regularization parameter.
14. A radar method comprising the steps of:
transmitting, using a transmitter antenna, an unfocused
frequency modulated transmit signal having a transmit
bandwidth towards a scene comprising one or more
targets,
receiving, using a receiver antenna, a receive signal
reflected from said scene in response to the transmis-
sion of said transmit signal,
mixing said receive signal with said transmit signal to
obtain a mixed receive signal,
sampling said mixed receive signal to obtain receive
signal samples from a period of said receive signal,
processing said receive signal samples by:
defining a spatial grid in the scene with a particular grid
resolution;
determining reflectivity values at grid points of said
spatial grid by defining a signal model including
geometry of said transmitter antenna and said
receiver antenna with respect to the scene, said
transmit signal, and said spatial grid, and applying
compressive sensing on said receive signal using
said signal model; and
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defining, for each receive signal sample, a respective
signal model using a measurement matrix having:
a number of columns corresponding to a number of
said grid points of said spatial grid, and
a number of rows corresponding to a number of
measurements, the number of measurements
being a product of a number of transmit signals
times a number of receive signals, and
displaying a reconstructed image of the scene based on
the determined reflectivity values.

15. A processor for use in a radar apparatus having a
transmitter antenna that transmits an unfocused frequency
modulated transmit signal having a transmit bandwidth
towards a scene comprising one or more targets, a receiver
antenna that receives a receive signal reflected from said
scene in response to the transmission of said transmit signal,
a mixer that mixes said receive signal with said transmit
signal to obtain a mixed receive signal, and a sampler that
samples said mixed receive signal to obtain receive signal
samples from a period of said receive signal, wherein

said processor is configured to process said receive signal

samples by:
defining a spatial grid in the scene with a particular grid
resolution,
determining reflectivity values at grid points of said
spatial grid by defining a signal model including
geometry of said transmitter antenna and said
receiver antenna with respect to the scene, said
transmit signal, and said spatial grid, and applying
compressive sensing on said receive signal using
said signal model; and
defining, for each receive signal sample, a respective
signal model using a measurement matrix having:
a number of columns corresponding to a number of
said grid points of said spatial grid, and
a number of rows corresponding to a number of
measurements, the number of measurements
being a product of a number of transmit signals
times a number of receive signals, and
said processor is configured to display, on a display of the
radar apparatus, a reconstructed image of the scene
based on the determined reflectivity values.

16. A non-transitory computer-readable medium having
instructions stored thereon which, when carried out on a
computer, cause the computer to perform the steps of:

transmitting, using a transmitter antenna, an unfocused

frequency modulated transmit signal having a transmit
bandwidth towards a scene comprising one or more
targets,

receiving, using a receiver antenna, a receive signal

reflected from said scene in response to the transmis-
sion of said transmit signal,

mixing said receive signal with said transmit signal to

obtain a mixed receive signal,

sampling said mixed receive signal to obtain receive

signal samples from a period of said receive signal,

processing said receive signal samples by:

defining a spatial grid in the scene with a particular grid
resolution;

determining reflectivity values at grid points of said
spatial grid by defining a signal model including
geometry of said transmitter antenna and said
receiver antenna with respect to the scene, said
transmit signal, and said spatial grid, and applying
compressive sensing on said receive signal using
said signal model; and



US 9,857,463 B2

15 16

defining, for each receive signal sample, a respective
signal model using a measurement matrix having:
a number of columns corresponding to a number of
said grid points of said spatial grid, and
a number of rows corresponding to a number of 5
measurements, the number of measurements
being a product of a number of transmit signals
times a number of receive signals, and
displaying a reconstructed image of the scene based on
the determined reflectivity values.
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